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BBEAEHHUE

[Tporpamma nucuuiuinHbl «MaTeMaTHka» NpenHa3HayeHa [uisi OakalaBpOB HAIpaBICHUS
19.03.04 «TexHONOTHS MPOIYKIIUU M OPraHU3alKsl OOIIECTBEHHOTO MTUTAHUS.
Llenbro TUCHUIUTUHBI SBISETCS:
- 03HAKOMJICHHE CTY/ICHTOB C BaKHEHIIMMHU METOJJaMH U MOZEIISIMH KJIACCHYECKOW MaTeMaTHKH,
HalpaBJICHHBIMHU Ha MCIIOJIb30BAaHUE M IPUMEHEHHE X B TEXHOJIOTHHU MPOAYKIIMH ¥ OpraHU3aluu
OOIIECTBEHHOTO MUTAHMS: METOAAMH JIMHEHHOH anreOpsl, MeToaMu U hepeHInanIbHOT0
UCUYHCIICHUS QYHKIIMU OHOHM NEepEeMEHHOM, BEPOSITHOCTHBIMU M CTATUCTUYECKUMH MOJAETSIMU M UX
MPUIIOKECHUSIMHU B TEXHOJIOTUHU MPOIYKIIMK ¥ OPTaHU3alUU OOIIECTBEHHOTO MUTaHHUA.
OCHOBHBIMU 3a/1a49aMH JUCIHUIIIHHBI SBISIOTCSL:
- CO3/IaHUE Y CTYJICHTOB OCHOB T€OPETHUYECKON MOATOTOBKU B O0JIACTH MAaTEMAaTHYECKUX
METOJIOB U MOJIEJICii B TEXHOJIOTUH MTPOAYKIIMU M OPTaHU3alUK O0IIECTBEHHOTO MU TaHNUS;
- OBJIAZICHWE MaTEMAaTHYECKUM aIllapaToM, HEOOXOMMBIM IS U3YUEHUS] JUCHUIUTMH TEXHOJIOTHH
NUTaHUS M PEUICHUS TEOPETHUECKUX U MPAKTHYECKUX 337ay;
- pa3BUTHE UHTEJUIEKTA  (HOPMUPOBAHHE y CTYACHTOB JIOTHYECKOTO U AJITOPUTMUIECKOTO
MBIILICHUS;
- BbIpabOTKa HaBBIKOB CAMOCTOSATEIBHOTO U3Y4YCHHUS YIeOHOU M HAYYHOU JIUTEPATYPHI 110
MaTeMaTU4eCKUM METO/IaM U MOJAEISIM U UX MPUIIOKEHHSM;
- TIOBBIIICHHE OOIIEH KyJIbTYPHI CTYIEHTOB.

Jucnummaa «MaTtemMaTiKa» BXOAHUT B 0a30BYI0 4acTh npodeccruonanpHoro nukia OIT BO
cneruansHoct 19.03.04 «TexHonorust mpoayKIMKU U OpraHu3anus oOUIECTBEHHOTO MUTaHus». Ee
OCBOEHUE MPOXOAUT B 1 cemecTpe.

2. MeToauveckne peKOMEHIALMH 10 OPraHU3AlUM NPAKTHYECKUX 3aHATHI

Paznen 1. JIuneiinas anredpa

IIpakTnuyeckoe 3ansitue 1.

Tema 3anamua Matpuiisl U ONPEACTUTENH.

Henw 3anamusa. [IpnobpecTy HABBIK BBHIMIOJIHEHUS ONEpaIiii HaJl MATPUIIAMH U
BBIYHMCIICHUSI OTIPEICTIUTENCH.

B pezynomame oceoenusn memot 00yuaromuiica 0014cen:

3HaTh!
- BUJIBI MATPHII, IEHCTBUS HAJl MATPHUIIAMH, BBl OTIPEICTUTEIICH.
Ymeers:
- BBITIOJIHSTH OIEpaIiuy HaJ MaTPUILIAMU U BBIYUCIISITh ONPEACIUTENN 2-10,3-T0 U N-
T'0 MOPSIKOB.
Baagers:
- CIIOCOOHOCTBIO K camoopranuzanuu u camoodpaszoBanuio (OK-7); cnocoOHOCTBIO
M3MEPATh M COCTaBJIATh OIMHCAHHE MPOBOJAUMBIX IKCIIEPUMEHTOB, MOJATOTABINBATH
JAHHBIE JJISi COCTaBJICHUS 0030POB, OTUETOB M HAYYHBIX IMyOJMKAIIWI; BlIaJICHUEM
CTaTUCTUUYECKUMH METOJJaMH U CpEeACTBaMH OO0pabOTKH IKCIEPUMEHTATbHBIX
JaHHBIX MPOBeaeHHBIX uccaenoBannii (ITK-26)

Axmyanvnocms mempl. MaTpHLbl U ONPENETUTENN [HUPOKO MPUMEHSAETCSA TIPH
pPELIEHNH MHOTUX TEXHOJIOTUYECKUX 3aa4.
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Teopemuueckas uacme.
[IpssmMoyronbHas Tabnuia, coxepikaiias M — CTPOK M N CTOJOIOB HAa3bIBACTCS
Mampuyel 1 0003HaYACTCS

air Az vt Qun air Az Qip
az1 Q2 - 4z a1 Qzz -+ 4z
A= "Numd = * "
Qm1 Amz2 - Amn m1 Amz2 " QAmpp
HITH KOPOTKO Matpuity obo3Hadawtd = || ajj ||, 1= 1,2,...,m; j=1,2,....n.
Crooicernue mampuy

[Iycte nmanbl aBe MartpulbldA HUB OAMHAKOBOW pa3MmepHocThH. Ux cymmon
HaspiBaeTca martpunaC = 4 + B TOU k€ pa3MEPHOCTH, DJIEMEHTbI KOTOPON PaBHBI
CyMMaM COOTBETCTBYIOIINX 3JEMEHTOB MaTpull 4 u B, T.e. ecimu A = ||ajjl|, B = ||bijl],
T0 A+ B =C = |[cij|.

1 -2 5),32(2 1 -3

HpI/IMep:Az(4 13 1 -2 4

), TOorIa

A+B=C=(1+2 -2+1 5—3):(3 -1 2).

4+1 1-2 3+4 5 -1 7
OTMmeTuM, 49TO CKJIAIbIBaTh MOHO TOJBKO MATPHUIIBI C OJWHAKOBBIM YHCIIOM
CTPOK U C OJIMHAKOBBIM YHUCIIOM CTOJIOIIOB.
PasnoctpioB - 4 matpunl B u A (OIMHAKOBBIX CTPOCHWI) HA3BIBACTCS TaKas
Marpuna X, 4yTo

A+X=B.
Haan/IMep,A=(_22 51) Lll)B=(§ _51 Z).Tor):[a
x=p-a=( 2% -5 5 V=G 5 3
Ymnooicenue mampuy

a) YMHOXXEHHE MaTpHIlbl Ha 4UCI0. YTOOBl YMHOXXUTH MATPHUILy HA YUCIIO O,
HAJI0 YMHOKHUTB HA 3TO YUCJIO KAXbIM 3JIEMEHT MATPULIBI:

ol ai || = || cai |
e 4= (3 F)c=sea=3¢ D= 7).
0) YMHOXEHHUE IBYX MaTpPHII.
YMHO)KEHUE MaTpulblB HAa MaTpully A BO3MOYKHO TOJIBKO B TOM ClIy4yae, Korja
YHCIIO CTOJIOIOB B MAaTPUIIE B paBHO YHCITy CTPOK B MaTpHIIE A.
OnemenT MatpuibiC = B - A, pacrnoj0XeHHbIH B -0 CTPOKE U | —OM CTOJIOIE
(r.e. Cjj) paBeH CyMMe MPOU3BEACHUI 3JEMEHTOB | — Ol CTPOKM MaTpuilpl B Ha

COOTBETCTBYIOIIUE 3JIEMEHTBI j— F0 CTOJI01[a MATPHIIBI 4.
n

Cij = Q1b1j + aiabaj + - + Qinby = Z Qikbyg
k=1



Cnenyer OTMETHUTh, YTO YMHOXEHHE MATpPHUIl HE 001amaeT CBOWCTBOM
KOMMYTaTHUBHOCTH, T.€. AB # BA.

IMpumep 1.4 = (_11 g) uB = (_32 é)

- 1-(-2)+2-3 1-1+2-5
Nmeem A-B=(_11 g)(; :},):(—1-(—2)-:3-3 1-(—1-)|_+3-5>:

(4 11)

-11 14

_ —2-1-1-1 2-(=2)+1-3\ /-3 -
3”42(13 é)(ji 5)2(3-1+5-04J 3'2+;'3 >=(—§ 2%)

BriBoa: AB #BA

Buviuucnenue onpedenumeneti
Ecnu B MaTpuile 4MCIIO CTPOK PaBHSETCS YHCIY CTOJOIOB, T.e. M = N, TO
MaTpula Ha3bIBAETCSA K8AOPAMHOU:

aip Q2 0 Qun
Az1 Qzz =+ Az
A=\ T
an1 Qpz ** Opp

Onpenenurenb, COCTAaBICHHBIM W3 3JEMEHTOB KBaJpaTHOW Marpuubl (0e3
MEPECTAHOBOK) HA3bIBAETCS OMPEICTUTEIIEM MATPULIBI A.

aip Q2 o Qun
Az1 Qzz =+ A
A=\ T L L
an1 QApz *°* Qpp

I‘II/ICJ—IO ail dzz - dz1 diz? HA3BIBACTCA OIIPCACIIUTCICM BTOPOIO IIOpsAAKa H
a;; ap
az1 dpp
OnpenenuTenaeM TPEThEero MopsaKa Ha3bIBACTCS YHCIIO:
aj; Adgz Qg3
A =|A21 Q22 Q23 = a11Qp2033 + A21032a13 + Q1203031 — 312213 — A11032023 —
az; dzz asz
az1012033
CxeMaTU4YeCKH BBIUYMCICHUE OIPCACIIUTEIS TPEThEro IOPSAKA  BBITJISIMT

0603Ha‘iaeTC${ CUMBOJIOM A = | | = a110p2 — A1204721-

CIeAYIOIIMM 00pa3oM (TIPaBUIIO TPEYTOJIBbHUKOB WK npaBuiio Cappyca):

a;; 42 a3 ay;p 4qz2 a3 a;; 4qz a3
a1 dzp A3 =|Az1 dpp QA3 —|A21 dpp dp3
az; dszz 0Az3 az; dizz dAzz a3y dizz dAz3

Onpenenutenb TPETHETO TOPSAKA TAaKXKE PABEH CyMME MPOU3BEIACHUN

(v

AJIEMEHTOB HEKOTO oku (cTQubOya) Ha anrebpanyeckue IOMOTHEHHUS 3TUX

JIEMEHTOB, T.€.
4 = aq1411 + ap41; 13; 4 = A\ A7 21421 + az14s;
A = az1421 + azA;; + ay3453; 4 = apA1 + Az + azAs;
A = az1A31 + azAz; + azzlssz; A = a3A 3 + a3z + azzAs;



HaHpI/IMep, pa3H0>KeHI/Ie OHpeI[eJII/ITeJIﬂ I10 BJICMCHTaAM HepBOP'I CTpOKI/I:
A= aqq

PaznoxxenneM mno »saeMeHTaM CTPOKH HJIN CTOJI6H3. MOXHO BBIYUCIIUTDH
OIIPCACIINTCIIb JIF000T0 I[mopsaaka. B kauectBe ImpuMepa pacCMOTPHUM OIIPCACINUTCIIb
YCTBCPTOI'O IMMOPAAKA U PA3JIOKUM CTO 110 3JICMCHTaAM HGpBOﬁ CTPOKH.

IIpumep 2.
1 -1 2 3
11 -1 4_,
2 3 1 3
3 1 0 5

JlaHHBIN ompenenuTesb MOXHO BBIUYHUCIUTH HWHBIM CIOCOOOM, MPUMEHUB
AJIEMEHTapHbIE NPeoOpa3oBaHUs K CTPOKAM OINpeNeauTeNss. A UMEHHO, YMHOXHUM
AJIEMEHTHI MEPBOM CTPOKU Ha (-1) W CIIOKUM C dJIEMEHTaMU BTOPOM CTPOKH, 3aTEM
YMHOXKHM DJIEMEHTHI TEpPBOM CTPOKH Ha (-2) M CIOXKHM C COOTBETCTBYIOIIMMHU
AJIEeMEHTaMH TPETheH CTPOKU M, HAKOHEIl, YMHOXHUM 3JIEMEHTHI TIEPBOM CTPOKHU Ha (-
3) U CHOXHM C COOTBETCTBYIOUIMMH C 3JIEMEHTaMH YE€TBEpPTOl cTpoku. Toraa
MOJIyYUM OTPEETUTENb 4-r0 TMOpsIKa, B TIEPBOM CTOJOIE KOTOPOTO CTOAT HYJIH,

KpOMe€ NEPBOM CTPOKH, T.€. IIOJIy4aeM OIPEAEIUTENb BUA!
1 -1 2 3

2 -3 1
8 f; :§ _13 —ay Ay =115 -3 —3|=24—30+36+12—36—60 =
0 4 —6 —4 4 -6 —4

—54.

Bonpocwl u 3a0anus.

1. Kakue MaTpuIbl MOKHO CKJIAJIbIBAaTh U 110 KAKOMY IPaBHITYy?

2. Kakumu cBolicTBamu oOnagaeT omepanusi ciaoxkeHuss Matpunl? Ecte nwm
OTJINYUS OT CBOWCTB CJIOKEHHMSI YACEN?

3. Kak yMHOXUTb MaTpHIily Ha YUCIIO?

4. Kakumu CcBOMCTBaMU 00JIa[jal0T Omneparus YMHOKEHHUS MaTpUlbl Ha YHCIIO?
EcTh 11 oTIM4Ks OT CBOMCTB YMHOXEHHUS YUCEN?

5. Uto Ha3bIBaeTCs ONpeAesIUuTeNeM KBaIpaTHON MaTpULIbI?

6. [aliTe ompeneneHre MHHOpa M alreOpanyeckoro JOMOJHEHUs 3JeMeHTa
OTPEICIIUTEIIS.



7. Kak BBIYHCIUTH OMpENeIUTeNb, pa3jaras ero mo mpoU3BOJBLHON CTPOKE WIH
cronbiy? CdopMynupyiiTe COOTBETCTBYIOIIYIO TEOPEMY U  HAMMIIUATE
dbopMyIIBl pa3oKeHUs ONPEASTUTENS 0 1—oi cTpoke (k—My cTomoIy).

1. Haiitu npousBenenue matpuil A u B.

e D 2 )

1 20 1 20
A=/0 3 1| B=|0 3 1
01 2 01 2
2. ,
-3 2 -1 4
A=|5 6 1 B=-3 2
-2 1 -7 8 -3 2
3. ,

2. Haiitu A 2, eciu A=(_21 _34)

3. Bprauciuts onpenenuTennb

1 3 7 2 4 5 1 1 1 1 1 1
1. A=1|8 26 56|. 2.4=|3 1 -1 3.|x y z|. 411 1+a 1
3 —4 6 2 0 0 x? y? z? 1 1 1+b
15 3 =2
A_—4272
40 2 0 “ls 11 s 1 -1 2 3 -2
13 -1 2 1 1 -1 2 1
5 A= .6 0 4 2 - 712 1 3 —2 1
01 0 5
2 4 3 1 3 2 1 =2 3
-2 1 3 4 5

PexoMeH1yeMble HCTOUHUKH WH()OPMAITAN
(Ne uctounmka)
OcHoBHas JlomonHUTE TbHAS MeTtonudeckas WuTepHeT-pecypcehbl

1 1 1,2 1,2

IIpakTnuyeckoe 3ansitue 2.
Tema 3anamuna. MeTonpl pelIeHUs] CUCTEM JIMHENHBIX YPAaBHEHUM.
Ienw 3anamun.PaccMOTpETh pa3IMuHbIE METO/IbI PELIEHUSAN 3aAKPENUTh HABBIKU
pemeHusCJIAY.
B pesynomame océoenua memol 00yuarouquiica 00ax4cen:
3HATh: METOABl PEUICHUS CHUCTEM JIMHEWHBIX YpaBHEHHH METOAOM OOpaTHOM
Marpuusl, Kpamepa u ["aycca.



YMeTh:  TIONB30BAThCS  WHCTPYMEHTApUEM IS PEIICHHUS  TPOCTEHIITNX
MaTeMaTHYECKUX 3a/1a4.

Baanern:

- CIIOCOOHOCTBIO K camoopranuzanuu u camoobpaszoBanuio (OK-7); cnocoOHOCTBIO
U3MEPATh U COCTABIISITH OMHCAHHWE MPOBOJUMBIX JKCIIEPUMEHTOB, MOJATOTABINBATH
JaHHBIE IS COCTaBIICHUS 0030pOB, OTUETOB M HAYYHBIX MyOJWKAIUW; BIAJICHUEM
CTATHCTUYCCKUMHU METOJaMHd M CpeACTBaMH 00pabOTKHM 3SKCTIEPUMEHTAIBHBIX
JaHHBIX MTPOBeIeHHBIX uccieaoBannii (ITK-26)

Axmyanvnocms memoi. [Ipuemsl u metoabl pemieHUsACJIAY npuMeHstoTcs 11
pelIeHus 3a1a4 ¢ JaHHBIMU U3 00JIACTH TEXHOJIOTUHU POYKTOB TUTAHUS.

Teopemuueckas uacme.

CucreMamaMHENHBIX YpaBHEHUI CNIIEPEMEHHBIMU UMEET BU/L:

agX, + apX,+ -+ +a,x, = b
A, X+ 8,X, + - +a,X, = b,
A X, + X, + - +a,,X, = b,

o . b
TIE %; i=12,...m;j=12,..n), “ (k =1,2,...m) - 3agaHHbIC IEHCTBUTEIILHBIC
Yyycia.

a.. . .
Yucma ° (1= 1,2,..,m; j = 1,2, ...,n) Ha3bBAIOTCI KOA(PQPHUIMEHTAMH CHCTEMBI, a

b
ypucma (k= 1,2, ..,m) - CBOOOAHBIMHM 4YIEHAMH CHCTEMBI JIMHEHHBIX
anreopandeckux ypasHeHnui (CJIAY).

Marpuusl
a, a, - q, a; ap ay, bl
A, 8y, o Ay, a, ay a,, bz
Ay Ay vt Ay K _ Ay Ay Apn bm
A = u - , KOTOPBIC COCTABJICHBI U3

KO3 GUIIMEHTOB TPH TEPEMEHHBIX M CBOOOJHBIX UJICHOB CHCTEMBI, HA3bIBAIOT
COOTBETCTBEHHO MATPHUIIEH CUCTEMBI U PACIIUPEHHON MAaTPULIEW CUCTEMBI.

Paccmotpum cucreMy TpPEX JMHEWHBIX YPAaBHEHHH C TPEMsI HEU3BECTHBIMU
Xis Xo, Xg

A X tapX, +a,X; = b1'
Ay Xy + 85X, + 855X, = b2’

Ay X + 85X, + 853X = b3’



rje v KOA(pUIIUEHTHI TPU HEWU3BECTHBIX; " CBOOO/IHBIC WICHBI (MpaBbIC
9JaCcTH) CUCTEMbI ypaBHEHUN. ONpeenuTeNh TPETHEro MOPsSAKa 4 , COCTaBIICHHBIN U3
KO2(P(PUIIMEHTOB NP HEU3BECTHBIX, HA3bIBACTCS onpedenumenem CUcCmembl.
Pemmm cucteMy JTMHEHHBIX YpaBHEHUH METOJ0M OOpaTHON MaTpHIIbL:
2%, + X, —3X; = =5,
X, —2X, +2X%, =17,
X, +X, +3X, = 4.

Beném crenyromme 0603HauCHUS:

2 1 -3 X, -5
A=l1 -2 2| X=|[x,| B=[17
11 3 X 5 4

Bpraucioum OIIPCACINTCIIb CUCTEMBI.

2 1 3
A=1 -2 2|=-12+2-3-6-4-3=-26.
1 1 3

Tak kak ONnpcCACINTCIIb MAaTpUllbl CUCTCMbI OTJIIMYCH OT HYJIA, TO ManI/II_[aA

X =A'B
UMeeT 00paTHYIO, @ PElIeHUE CUCTEMbl UMEET BU/I:

o -1
JUts HaxoXJeHus oOpaTHOW Marpuipl A BBIUHCIIUM  alreOpanyeckue
JOTIOJTHEHUS JJIEMEHTOB MATPULIBIA :

|2 4.4 I P e I
S T I e | e PP
o2 29, PO
S ' T MY o2 7

1 -2 2 2 1
As = =3, Ay =— =-1 A33:1 _2:_5-

A
Martpuia , 00paTHas KA, 3aIUIIETCs CIETYIONUM 00pa3oM

(8
A=l 9 T
3 -1 -5
MarpuyHoe perieHre CUCTEMbI UMEET BUJL:
X, (88 A (5 (78 (3
X=|%|=——|-1 9 -7{17 |=——]130 |=| -5,
26 26
X, 3 -1 5)( 4 52) |2

=3, X, =-9, X =2
OTCIOJIa CJIEIYET, UTO % 2 %

A =0
HpI/I YCHOBI/II/I, qTO , TO €AUMHCTBCHHOC pemeHHe CUCTEMBI BBIpa)KaeTCH

dopmynamu Kpamepa:



Pemuts no ¢popmynam Kpamepa cienyroniyio CUCTeMY JIMHEWHBIX ypaBHEHUH:
X, — 2%, + Xy =—4
3X, +2X, +5X; =2.
4X, —TX, =5X; =—b

1 -2 1
A=3 2 5
4 -7 -
Bnauane Haliiem orpenenuTeNb CUCTEMBI =-10-40-21-8-30+ +35
= - 74.5 #0. CnenoBaTenbHO, paccMaTpuBaeMas CHUCTEMa HMEET EIMHCTBEHHOE
perenne. Borancmnm ompegemurem Atz As
-4 -2 1 1 -4 1
2 2 5 A,=[3 2 5
a5 -7 -5 4 -5 -5
1= = 40+50-14+10-20-140 = - 74, =-10-80 -
1 -2 -4
A,=[3 2 2
4 -7 -5
15-8-60 + 25 = - 148, =-10-16 +84 +32 -30 + +14=74. Takum
oOpa3zom, pelieHue TaHHOM CHCTEMBI uMeeT BUJL:
A, -T4 A, -148 A, T4
ST T T T R T T

Paccmotpum pemenune CJIAY merogom [Maycca. Meron [Maycca 3akirouaeTcsiB
MOCJICIOBATEIbHOM ~ HMCKJIIOYEHUM  HEM3BECTHBIX. [  ymoOcTBa  BhIMHIIIEM
PaCIIMPEHHYI0 MATPULYd NPUBEAEM €€ K [IUaroHaJIbHOMY BHIY C IIOMOIIBIO
AJIEMEHTApHBIX MPEe0OpPa30OBAHUIMA.

2 1 -3-5 1 1 3|4
1 -2 2017 w1 2 2[17 |
1 3 1 2
-2

1 1 3|4 2 1 -3-5 2+

1 1 3| 4 1 1 3| 4 1 1 3|4

—=z5 |0 8 Y18 |55 |0 -1 —9-13|—-—|0 -1 -9-13|.
25,45, 2 3 2+93
0 -1 -9-13 0 -3 -1 13 0 0 26|52

BeimonauM oOpaTHbId X0, 3amuIneM CHCTEMY,MCXOI H3 KOA((PUIIMEHTOB
MocjeAHeH MaTPpHIIbI, M TIOCJIEIOBATEILHO HallZieM HEU3BECTHBIC.

X, + X, +3%, =4, X, =2,
—X, —9%, =13, X, =13—-9x%, =5,
26X, =52, X, =4-X, —3%, =3.

Bonpocet u 3a0anua.

10



Ucnonb3ys dhopmynsl Kpamepa u MeTos 00OpaTHON MaTpUIlbl HAUTH pPelIeHHUS
cneayromux CJIAY:

3x1+2x2+X3:5 x1—2x2+3X3=6 le_xZ_x3:4‘
1. 2x1 + 3x2 + X3 = 1 , 2 le + 3x2 - 4‘X3 - 20, 3 3x1 + 4x2 - ZX3 - 11
2x1 +xZ+3X3 = 11 3x1_2x2_5.7(,'3 = 6 3x1—2x2+4X3 == 11

Pemmts cnenyroniye cucreMsl MetonoMm ["aycca.

2xq + 4x, + 4x; + 6x, = 18
4x1 + 2x, + 5x3 + 7x, = 24
3x, + 2x, + 8x3 + 5x4 = 13
2x1 +8x, +7x3+3x, =6

1.

PexomeH1yeMble HCTOUHUKH UHPOPMALIUU
(Ne uctounuka)
OcHoBHas JlononxurenpHas Meroaunueckas NHuTepHeT-pecypcesl

1 1 1,2 1,2

IIpakTnueckoe 3ansitue 3.
Tema 3anamuna. OyHKIUU U IPEJICIIBL.
Ienv 3anamun. ChopMupoBaTh HABBIKU BBIYUCIICHUS MpenesioB (yHKIMH, a
TaKKe BBIYUCIICHUS MPUOTUKEHHBIX 3HAUCHUN (QYyHKIIUH.
B pe3ynomame océoenun memul 00yuarouquiica 00a)4cen:

3HaTh:
-OCHOBHBIC METO/bl BBIYUCIICHHUS TpeAenoB (yHKIWNA, MPUONMKCHHBIX 3HAYCHUN
GyHKLIMA.
Ymersn:
- BBIYUCIISITH Tpeieibl (PYHKINM, MPUOIMKEHHbIE 3HaYeHUsT (DYHKITHMA.
Baapers:
- CIIOCOOHOCTBIO K camoopranu3anuu u camoodbpaszoBanuio (OK-7); cnocoOHOCTBIO
U3MEPSATh M COCTAaBJIATh OMUCAHWE MPOBOJUMBIX IKCIIEPUMEHTOB, TOJTOTABIMBATH
JAHHBIC TSI COCTaBJICHHUS 0030pOB, OTYETOB W HAYYHBIX MYyOIHMKAIUN; BIIaJICHUEM
CTaTUCTHYCCKUMU METOJIaMH M CpPeACTBAaMU OOpabOTKH AKCIIEPUMEHTAIbHBIX
JTaHHBIX MPOBeIeHHBIX ucciaeaoBanuii (ITK-26)
Axmyansnocms memot. Ilpenens GyHKIUNA HCTIOTB3YIOTCS B TEXHOJIOTHYCCKUX
pacdeTax Mpu HaXOXJICHHUH MPEICITbHBIX TEXHOJIOTHICCKUX TTOKa3aTeseH.
Teopemuueckan yacmo.
[Tycts ¢yHkusa y = f(x) 3amaHa B HEKOTOPOM OKPECTHOCTHM TOYKH 4@, 3a
HCKIIFOUCHHUEM, MOXKET ObITh, CAMOM TOYKHA.
Yucno A HasbiBaeTcs npeoenom @yHxyuuf(x) B TOYKE x = a, €CJIH IS JIFOOOTO
MOJIOKUTENIBHOTO Yucia € > 0 HalAETCs Takoe MOJIOKUTENIbHOE YUcio &(g) > 0, 4To
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IUIA  BCEX X, YAOBIETBOPAIOIIMX HEPaBEHCTBY 0 < |x —a| <, BBINOJHAETCA
HEPABEHCTBO |f (x) — b| < . B 3TOM cityyae 3anuchIBaroOT lim f(x) = A.
x—a

]_IaIlI/IM IrCOMCTPHUICCKYIO MINIIOCTPAIUIO ITIOHATHA IIPCACIIA (I)YHKLII/II/I B TOYKC

(puc. 1.)

Pucynok 1.

JInst BceX TOYEKX, OTCTOSIIMX OT TOYKM A He Jajibllie, YeM Ha &, TOYKH M Tpaduka
GbyHKIUYU f(x) JIeKaT BHYTPH MOJIOCHI IITUPUHOMN 2¢, OTPAaHUYCHHON IPSAMBIMU y = b —
&Ey=b+e.

PaccMoTpuM HEKOTOPBIE cgoticmea npeoenos hyHKyuil.
ITycTh }Cllrgl flx) =4, }Cllrgl g(x) = B, C- nmocTosiHHasl BeJIWYMHA ,TOT]JIa

limC = C,

Ti:rr?(c fx)=C- limf(x) = C - 4,

Ti_r;(c fx)=C- )lci_r)r?f(x) =C-A,

Jlcirr?(f(x) + g(x)) :x liamf(x) + limg(x) = A + B,
lim(F(0) - 9()) = limf(x) - limg(x) = 4 - B,

lim f(x)
6. limZ% = e é, ecau limg(x) # 0.
x—a 9(x) )161_{1(119(96) B x—a

,ZZea 3amedamelbHblx npedefla

o > w0 e

[TepBbIiit 3aMedaTeNbHBIN PEAET UMECT BUI:
~ sinx
lim— = 1.
x-0 X

Bropoi 3ameuarenbHbIi Tpeies UMEET BUL:
1 X
lim (1 + —) =e,
X—00 X
1
lim(1+ x)x =e.
x—0

PaccMoTpum npuMepbl Ha BBIYUCIIEHUE MPEEIoB PYHKIUH.

Mpuvep 1.Boraucants mpegerlim 22t
p p L. Y x—o00 —4x2+7 "
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Pemenue
ITpu MMOJCTAaHOBKE MPECIbHOTO 3HAYCHUS apryMeHTa oJy4aeM
HEOIPEICICHHOCTh BUIA E
B npumepax mogo0HOro THa YHCIUTEIb U 3HAMEHATEIb ACIIAT MOWICHHO Ha X",
rIen -cTereHb MHOTOYJIEHA B 3HaMeHartesie.Pa3ienum yucianTels ¥ 3HaMeHaTellb Ha
Ha x*. B pe3ynbrare noayqum:

5
i 127 50 12+3 1240
x1—>r?0—4x2+7_xl—>rg_ 7 —4+0
4+F

5 7
Tax Kak, Ipu x > 00 GYHKIUUH ~ U —; CTPEMSITCS K HYJIIO.

Mpumep 2.Berauciuts npexen lim e —2x+18
b p= peA x—3 x3-5x2+3x+9 "

HpI/I IIOACTAHOBKC MMpcacjIbHOIO 3HA4YCHMUA AprymcHTa IIoJIydacM
0
HCOIIPCACICHHOCTD lemaa, yTOOEI €¢ PACKPLITH Pa3JIOKUM YUCIUTCIIb U 3HAMCHATCJIb

Ha MHOYKUTEIIN:
x3—4x? —-3x+18=(x—-3)x>—-x—-6)=(x—3)(x—3)(x+2) = (x —3)?(x + 2)
x3—=5x243x+9=(x-3)x?—-2x—-3)=(x—-3)(x—-3)(x+1)=(x—-3)2(x+1)
x% —4x? —=3x+18  (x—3)*(x +2)
x3-5x24+3x4+9 (x—3)2(x+1)°
CokpaTuM 4YHCIMTE]Ib M 3HAMCHATEJIb Ha MHOXUTENb (x —3)%, B pe3ylbrare

ITOJIYYHM:
. x3-4x%-3x+18 . x+2 5
lim——————— = lim=—=-
x—3 X3-5x2+3x+9 x—3 x+1 4

Vx+13-2vx+1
VxZ—9 '
HpI/I IIOJACTAHOBKCEC Hpez[em,Horo 3HAYCHU A apryMeHTa HonyqaeM

0
HCOIIPCACICHHOCTD BI/I)IaB, yTOORBI €¢ PACKPBITh YMHOKHUM YUCIUTCIIb 1 3HAMCHATCIIb

Ipumep 3.Beruucnauts npenen lirré
xX—

Ha BBIPAXCHHC, COIIPSKCHHOC YMCIIMTCIIIO,a BBIPAXCHHUE, CTOAIICC B 3HAMCHATCIIC
Ppas3JI0)KUM Ha MHOXKUTCIIHN.

o Ax+13-2Vx+1 . (Vx+13—2Vx+1)(Vx + 13 + 2vx + 1)
1m 3 = =

x-3 Vx2 —9 %3 3{/(x—3)(x+3)(\/x+13+2\/x+1)
—-3x+9 —-3(x—3)

lim 5 3 lim 1 1
x>33/x = 33x + 3(Vx + 13 + 2v/x + 1) ¥~3 (x—3)3(x+3)3(Vx + 13+ 2Vx + 1)

1
lim 1_3(x_3)3 = 0.
X3 (x+3)3(Va+13+2vx+1)

. in3
Mpumep 4.Boranciute npenen lim —
xX—
. 0
ViMeeM HeOMpeleNnéHHOCTh BHAA -, PAcKpOEM €e C IOMONIBIO TEpPBOro

3aMCUaTCIIbHOIO mmpeacia.

I sin3x I 3sin3x 3~ sin3x 3
0 Ax  x00 4-3x  4xo0 3x 4’
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2xsinx

IIpumep S. Berancauts npeen lim

x>0 1—cosx”

Bocnons3zyemcsi TpUroHOMETpUYeCKUMH (POpMyIaMu:
2sin?Z = 1 — cosx; sinx = 2sin=cos>,B pe3yabTaTe NOJTy4YUM
2 2 2

lim

= =lim =lim———=%=
x—0 71— COS X

x—0

2sin? X sin =
2 2

0

. X X X
2%sin x _[O} 2x-25|n§cos— 2x-cosE

x—0

. X

_ x—0 _ —4
sin= =-1
= lim—2
2 x>0 é
2

2x—1
. 3x—-1

IIpumep 6.Bbruuciauth nipegen  lim ( Z ) .
x—oo \3x+4

HOI[CTaHOBKa NpCacJibHOIroO 3HA4YCHHUA IIPUBOAUT K HGOHpGI[eJIéHHOCTI/I BHUaa

1.
I[J'ISI ee PACKPBITHA BOCIIOJIB3YCMCA BTOPBIM 3aMCUYATCIIBHBIM IIPCACIOM.
1 2x . 2x
hm( ) = lim [ —=== - i ( ) = = 1=
x—00o \3x + 4 X—00 1+ i x> \3x + 4 li 1 4\
3x o ( + ﬁ)
1 3x _§
_ 2
;1_{2) <(1 + —3x) > e’3 101
5 -8 ¢ ° T
3x\ 3 e3 e3

Bonpocwt u 3a0anus.
1. Omnpenenenue npezaena QyHKINN.
2. OCHOBHBIE CBOMCTBA IIPeIesioB HyHKIIUM.
3. MeToapl BEIYUCTIEHUS NPEIeSIOB (DYHKITUH.
4. TlepBblit 3amedaTeIbHBIN TIPEIEII.
5. Bropoii 3aMeuatenbHbIN npees.

Breruncnuth npeaensl GyHKIMA.

2 2
xX“+5 . Xx*—49
2.1

1.lim . .
x—4 3x—4 x-7 x=7
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. 2x%4x—1 . Vx—e+2
3.hm2—. 4. l 3_
ol 2x2+5x-3 x—-—-2 x°+8

2
5. lim 5x3+4x-8 6. lim 2x%-2x+4
Tx—o00 8x2+6x3+1° T x54V5—x—x=3"
/ 2 e .
Ilm X +1+ X S|n5X

lim——
2 x® £+ x —x2 g 0sin2x.

. 1—cosX . tgx—sinx

m=—gZ— lim 230X -
Q. . 10.77° X

X2

. (2x%2+2

lim| =——

X—>00 2X _1 E
11. . 12.lim(1 + 2

xX—

PexoMeH1yeMbIie HCTOUHUKH WH(DOpMALTAN
(Ne ucrouHmMKa)
OcHoBHasI JlonomHUTEIbHAS Metoanueckast WuTepHeT-pecypcsl

1 1 1,2 1,2

IIpakTnueckoe 3ansitue 4.
Tema 3anamusn. IpousBonnas u quddepennman GyHKIMA OJHOM TEePEMEHHOM.
Henwy 3anamua. ChopmupoBaTh HABBIKA BBIYMCICHUS MMPOU3BOIHBIX CIIOKHOMN
GbyHKIHH.
B pe3ynvmame oceoenun memvt 00yuarouiuiica 00axicen:

3HaTth:
- Ta0MIy TPOU3BOAHBIX U MpaBuiia AU epeHInpoBaHusl.
Ymersb:
- HaXOJIUTh MPOU3BOIHBIC CJIOKHBIX (PYHKITUH.
Baapers:
- CIIOCOOHOCTBIO K camMoopraHuzanuu u camoodpasoBanuto (OK-7); crmocoOHOCTBIO
U3MEPSATh U COCTABJIATh OMUCAHWE MPOBOJMMBIX IKCIIEPUMEHTOB, MOATOTABIUBATH
JAHHBIC TSI COCTaBJICHHUS 0030pOB, OTUYETOB W HAYYHBIX MYyOIHMKAIUN; BIIaJICHUEM
CTaTUCTUYECKUMU METOJlaMd M CpPEeACTBAaMU OO0pabOTKH HKCIEPUMEHTAIBHBIX
JIAHHBIX TPOBeIeHHBIX nccienoBanuii (ITK-26)

Axmyansnocms memol. 1Ipou3BomHAS CIIOKHOW (DYHKIIUMA HCIIONB3YETCS B
TEXHOJIOTHYECKHX 3a]avax.

Teopemuueckas uacmo.

Onpeodenenue npouzeooHoU
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Ilpoussoonoii  ¢gynxkyuu 'y = f (x) HazpBaeTCs mTpeaea  OTHOIICHHUS
npupameHds QYHKIMH K COOTBETCTBYIOIIEMY MPHUPAIICHHI0 apryMeHTa, KOria
IpUpalieHrne apryMeHTa CTPEMUTHCS K HyJI}O'

fx+4x)—f(x)
fe) = hmo Ax Alylc_>0 Ax )

Ecnu 3TOT mpejen KoHeUHbIH, TO Mpor3BogHAs cymiecTByeT u pyHkuusa f (X)
Ha3bIBaeTcsa auddepenuupyemMoit B Touke X. [IponsBogHas ob6o3HavaeTcsy'(x) win
dy
dx  TIpomecc HaxOXAEHHS NPOU3BOAHON HasbBaeTcs AU(PEPEHIMPOBAHKEM
GbyHKIIH.

lIpasuna oughgepenyuposanus gynxyuti

[MycteCeR— moctosuHast, u = u (x), V = V(X) — dyHKIUM, UMEIOIINE
TIPOM3BOIHBIE.

1.C'=0. 2. (Cu)'=C-u'.

.(UxVv) =u"+ V. 4, (u-v)’=u’-v+u-v’.

5.(2)' _ wv-uw'

172
IIpasuno oughghepenyuposanus cioxicHol QynKyuu

Ecm  ¢yskmus Yy = f(u) mudbdepennmpyema mou, a QyHKOMSIU = @
(X)muddepenuupyemano x, TO mnpousBoxHas cioxHod (yakuuny = f(e (X))
omnpenensercs popmysnoi y' =f'(u) - u'(x) .

Tabauya npou3BoO0HbIX CLONCHBIX DYHKYULL

1..

la. (Vi) == 16. (w1 = (1)' = -z
2. (@) =a*-Ina-u'. 2a. (e®)' = e

3. (log,u)' = l’a 3a.(Inu)’ =

4. (sinu)’ —COSU u'. 5. (cosu)’ = —sinu - u'.
6. (tgu)’ =~ 7.(ctgu) ' = —Si’:;u.

8. (arcsinu)’ = \/% 9. (arccosu)’ = —%.
10. (arctgu)’ = 1+’2 11. (arcctgu)’ = — 1:;2.

IIpouzsoonvie 6mopozo nopsaoka

IIpouzsoonoit emopoco nopsoka (emopoil npouszeooHoit) 0T GYHKIMH y = f(x)
Ha3bIBACTCS POU3BOIHAS OT €€ MPOM3BOIHOM, T. €.

f(x) =
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Bropyto mpou3BoaHyio Takxke 0003Ha4yaroT y'(x) WiIH d_z IIponsBonnas ot

HpOHSBOI[HOfI BTOPOT'O IMOPsAaKa HA3BIBACTCA l’lpOMS’GO()HOIZ mpembeco nopﬂdka UT. IO
anty

IIpousBosiHyto N-ro nopsijika o6o3nayatot y™ (x) mwm —:.

[TokaskeM Ha mOpHUMEpax, Kak CIEAyeT I0JIb30BaThCS IMPHUBEICHHBIMHU BBIIIC
dbopmynamu.
IIpumepl. Haiitu npon3Boanyio: y = cos®(x?).
y' = 2cos(x?) - (cos(xz))’ = 2cos(x?) - (—sin(xz))’ - (x?)" = —2x - sin(2x?).
Ipumep 2. HaﬁTH NPOM3BOHYIO: y = arcsinyx,
y' = (\/—) _ 2\/" __ 1

fl(\/_ T Vi—x  2Vx—xZ'

Ipumep 3. Haiiti nponsBoanyto: y = In(arctgvx — 1).
Penienue.
. (arctg\/x—l), _ 1 ) (\/x—l)’ _ 1 1
T arctgyx—1  arctgVx—1 1+(\/ﬁ)' T arctgyx—1 2Vx3—x2'

IIpumep 4. Haiitu npou3BoiHy0 QYHKIUH y = lntg— - =

sinx

, 1 1 1 sinX—XcosX 1 SIN X—XCOSX  SiN X—Sin X+ XCO0S X
y p— p— j— p—

X X 2 in? T XX in - in? -

tgX cos? X 2 sin® x 2sin X cos X sin” X sin® x
2 2 2

X COS X
= . 2 .

sin‘ x

4

IIpumep 5. Haiitu npou3BoiHy10 GYHKIMH y = arctg 12_x -

, 1 8x°(L—x")—(-8x")2x" _ (1-x")*(8x*-8x" +16x") _8x*+8x" _

y _[1+ 4%° ] (1-x°)? L+ x8)2(L— xP)? 1+x°)?
(1-x%)?

_8x*(+x%)  8x°

A+ x®)? 1+

Bonpocel u 3a0anus.
1. JaiiTe onpeaenenne Npou3BOAHON (PYHKITMHN B TOUKE.
2. ChopmynupyiiTe OCHOBHbIE ITpaBuia 1u(pepeHIInpOBaHHUs.
3. 3anummTe TabIUIly MPOU3BOIHBIX.
4. Kak onpenaensieTcsi MPOU3BOIHAsI BTOPOTro, N-To mopsiaka?
Haiitu npou3BoAHYIO0 PYHKIUU.

3
1. y= ) (3 + 43\/2x)3. OtBeT:y' = L
a2 34432x
2. y=— OtBer: y' = —
’ Vi4x2® : [(1+x2)3"
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1 e
3. y=arctg—.OrmBer: y' = ——.
x2-2 eny) — L
by=hSes OTBeTY' = Gmpany
y’=;
— InIntax sin 2xIntgx
5. y g Otser: :
arcsin—
, e

PexoMeHn1yeMble HCTOUHUKH HH(OpMaLUU
(Ne ucrouHmKa)
OcHoBHas JlononHurenpHas Meroaunueckas NHTepHeT-pecypcesl

1 1 1,2 1.2

IIpakTnyeckoe 3aHusiTue S.

Tema 3anamua. UccaenoBanue (pyHKIUUNA U MOCTPOEHUEUXTPA(PUKOB.

Heny 3anamua. dOopmupoBaHHe HABBIKOBIPUMEHEHHS IU(PPEpPEHIINATBHOIO
MCYMCIIEHUS K TIOCTPOEHUIO IpauKOB (QyHKLHUH.

B pezynomame oceoenun memvi 00yuarouiuiica 00a)Hcen:

3HaTh!
-onpefeieHne JKcTpeMyMa (YHKUMH, TOYKM Meperuda, acuMOTOT, CXEMy
MCCJICIOBAHUSI M TIOCTPOCHUS TPaPUKOB (DYHKIIHIA.
Ymersn:
- IPOBOJIUTH UCCIIEOBAHUE U MOCTPOCHHE rPaPUKOB (PYHKIIUIA.
Baaners:
- CIIOCOOHOCTBIO K camoopraHuzaiuu u camooOpasoBanuto (OK-7); cnocoOHOCTEIO
U3MEPSATh U COCTABJATh ONMCAHUE MPOBOJAMMBIX IKCIIEPUMEHTOB, MOATOTAaBIUBATH
JaHHBIE JUJISl COCTaBJEHUS 0030pOB, OTYETOB M HAYUHBIX MYyOJMKALM; BiIaJeHHEM
CTaTUCTUYECKUMU METOJJaMU M CpeACTBaMU OOpabOTKH HKCIEPUMEHTAJIbHBIX
JaHHBIX MPOBeeHHBIX uccieaoBanuii (ITK-26)

Axmyansnocms memot. ViccnenoBanue u mocTpoeHne TpadukoB  (HyHKIHMA
HCIIOJIb3YETCS B TEXHOJIOTMYECKHX 3a/1a4ax.

Teopemuueckan uacme.

PaccmoTpum  QyHKIMIO y = f(x), HENPEpHIBHYIO B TOYKE Xx,. TodYKa x,
Ha3bIBACTCS MOUKOU Makcumyma (Munumyma) yukyuuy = f(x), €CIu CyIIeCTBYET
Takasi OKPECTHOCTb TOUKH Xy, YTO JJISL BCEX X # XoU3 ATOM OKPECTHOCTHU BBIMIOJIHSIETCS
HEpaBEHCTBOS (x) < f(xo) (f(x) > f(xy)). 3HaueHHe (GYHKIUH B TOYKE MaKCHMyMa
HAa3bIBACTCSI MAaKCUMYMOM QYHKIHUH: Yoy = f (Xmax).3HAYCHUE (DYHKIIUM B TOUKE
MUHHAMYMa Ha3bIBACTCSI MUHUMYMOM (PYHKITUH: Viin = f(Xmin)-
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Touku MakcuMyma U MUHUMYMa (YHKIIUH HA3bIBAIOTCS MOYKAMU IKCMPEMYMA
@yHxyuu. 3HayeHuss QyHKIMM B TOYKAX SKCTPEMyMa HA3bIBAIOTCA IKCMPEMyMAMU
dyuKyuu.

Ecau ¢ynkiusa y = f(x) UMEET B TOUKE x, IKCTPEMYM, TO f'(xy) = 0 unu f'(x,)
HE CYILECTBYET — Heobxooumoe yciosue sxcmpemyma. OTCIoa CIEeIyeT, YTO TOUYKH
sKkcTpeMyMa (GYHKUIUM CIEAYeT HUCKATh TOJBKO Cpelyd TeX TOYEK, B KOTOPBIX
POU3BO/IHAS (PYHKIIMU paBHA HYJIO WJIM HE CYIIECTBYET, TAKME TOYKHU Ha3bIBAIOTCS
KpUmu4eCKumy Al cmayuoHapHbiMu TOUKaMu (QyHKITUH.

Ecnu gynkums y = f(x) HenmpepbslBHA B HEKOTOPOM OKPECTHOCTH KPUTHUECKOM
TOYKH x, U AU depeHrpyeMa B 3TO OKPECTHOCTH (32 UCKIIIOUEHUEM MOXKET OBITH,
CaMOM TOYKH x,) U €CJIA MPHU MEPEXO0JIC XUEPE3 TOUKYx,(CJIeBa HAIIPABO):

1) f'(x) MeHseT 3HaK C «+» Ha «—», TO TOYKA X,€CTh TOYKAa MaKCUMyMa
byHKIUY,

2) f'(x) MEHSIET 3HAK C «—» Ha «1», TO TOYKA x,€CTh TOYKa MUHUMYMa (YHKIIHH,

3) f'(x) HEe MEHSET 3HaK, TO B TOUKE x, (YHKIIUSI HE HMEET IKCTPEMyMa.

Ecnu B kputnueckoil Touke x, pyHkuus y = f(x) aBaxasl AuddepeHurnpyema,
TO OIPEAEIUTh XapaKTep IKCTpeMyMa (eciid B TOUKE X, (PYHKIUU UMEET FIKCTPEMYM )
MO>KHO I10 3HaKy BTOPOU MPOU3BOIHOM:

1) ecau " (xy) < 0, TO x, — TOUKA MaKCUMyMa (YHKIIHH,

2) ecau f"(x,) > 0, TO x, — TOYKA MUHUMYyMa ()yHKIIHH.

I'padpux pynkum y = f(x) Ha3pIBaeTca BBINYKJIBIM BBEpX Ha MHTEpBaie (a; b)
€CNIM B mpejernax 3Toro uHTepBaia rpaduk GyHkuuu y = f(X) JeXKHUT HUKE TH000U
CBOEH KacaTeJIbHOM.

I'padux ¢ynkuum y = f(x) Ha3pIBaeTCs BBIMYKJIBIM BHU3 Ha UHTEpBaje (a; b)
€CJIM B MpeJesnax 3Toro mHrepnaia rpadpuk GyHkuun y = f(X) nexuT Bbllie JTH000M
CBOEH KacaTeJIbHOM.

Touka rpaduka pynkuun y = f(x) Mg (Xo; f(Xo)) Ha3bIBaeTCSI TOUKOM nepecuba
rpaduka, eciy MpH Mepexoie X uepes3 Xo rpaduk MEHsET HalpaBIeHUE BHITYKIOCTH.

B Touke mepernba x, BTopas mpousBoaHas ¢yHkuuu f paBHa Hymo  f(x,) =
0(HeoOxoIMMoOe yclioBre Tieperuda).

Ecnu Bropas mpousBoanas f(x) aBaxabl muddepeHnupyemMoil GyHKIUUA TpU
nepexoJie 4epe3 TOUKY X, MEHSET CBOM 3HaK, TO TOUKax,e€CTh TOYKa INeperuda eé
rpaduka (JocTaTOYHOE YCIOBUE TIEpernoda).

Aneopumm uccnedo8anus yHKyuu Ha 8bINYKIOCMb
U mouKu nepeauba

1. Haxonum BTOpYIO IPOU3BOAHYIO (PYHKIIMH ' (x).

2. HaxomuMm TO4YKM, B KOTOpPBIX BTOpas MPOU3BOAHAS paBHA HYJIO WIH HE
CYILIECTBYET.

3. Uccnenyem 3HaK BTOPOU MPOU3BOIHON CJIEBA U CIIpaBa OT HAMAEHHBIX TOYEK U
JieaeM BbIBOJ] 00 MHTEpBaJiaX BBINYKJIOCTH W HaJIMYMKU Touek mneperuda. Eciu
BTOpasi MPOU3BOIHASL OYJIET MEHATH CBOM 3HAK C TUIFOCAa HA MUHYC WM C MHUHYCa Ha
IUTIOC B HMCCIEAYyeMOW TOYKE, TO 3Ta TOYKAa W OyJeT ToukoW meperuba rpaduka
¢bynkuuu. Ecnu BTopas mpou3BoHasi 3HaKa HE MEHSIET, TO (YHKIIMS HE UMEET TOYEK
neperuoa.
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Acumnmomul epaguxa pyHKyuu
[psimast LuaswsiBaercs acummroroit kpuBoit Y = f(X), ecnu paccrostHue ot Touku
M(X; y) kpuBo#l 10 3TOM mpsiMol LcTpemuTcs K HYIIO NMpH HEOTPAHHYCHHOM
YAAJECHUU 3TOM TOYKM MO KPUBOM OT Hayaja koopauHar. [Ipsmas X = agBusercs
8epmuKaIbHol acUMITOTON KpuBoi Y = f(X), eciim BBITIOJHSACTCS XOTS OBl OJIHO U3
YCJIOBUH:
lim f(x)=+oco(uau — )
x—a—0
lim f(x)=+oco(uau — o)
x—a+0
[Tpsimas y = kx + b HakimonHast acummnroTa kKpuBoit Y=Ff(X) mpu x — +oo (pu x —
—00), €CJIM BBIOJIHAKOTCS YCIIOBUSL:

x
lim &=k1/1 lim [f(x) —k-x]=b

X—->+00 X X—+00

X
<lim &=kn lim [f(x) —k-x]=b].
x—>—00 X X——00
o o . k=0 u bzow
YacTHEII Cllydan HAKJIOHHOHM ACHUMIITOTBI ITPpH — 2OPpU3OHMAIbHAA

acummnrToTa y = b.

Obwas cxema ucciedo8amus
u nocmpoerus epagpuxagpyHxkyuu

1. Haiitu o6nacTh onpeneneHus: GyHKIIUH.
2. HWccnemoBaTh GyHKIHIO HA YETHOCTh U HEYETHOCTD, IEPHOTUIHOCTD.
3. HccnenoBarh (pyHKITHIO HA HEMPEPHIBHOCTh M BEPTHKAIBHBIC ACHMITTOTHI.
4. WUccraenosaTh MIOBEJEHUE byHKIMHN Ha OECKOHEUYHOCTH, HaUTH
TOPU30HTAILHBIC U HAKIIOHHBIC AaCHMIITOTHI.
5. HaiiTu 3KcTpeMyMBl U HHTEPBAIBI MOHOTOHHOCTH (DYHKITHH.
6. HaiiTu uaTEpBaIBI BRIMYKIOCTH GYHKIIUU U TOUKH Teperuoa.
7. Haiitu Touku nepecevyeHus: GyHKIUU C OCSIMU KOOPJIMHAT.
8. Tloctpouts rpadux GyHKIUU.

3x%2—-x+2
x—2
HaiinemoOnacteb onpeaeneHust yHkuuuD (y) = (—oo; 2) U (2; +00).
Xo = 2€CTh TOYKa paspeiBa rpaduka (QyHKIHH, Yepe3 Hee MOXKET MPOXOIUTh
BEPTHKAJIbHAS AaCUMIITOTA.

IMpumep 1. Haiitu acumntoTsl rpaduka GyHKINH y =

o . . 3x2-x+2
Haiizem lim f(x) = lim =——"= [
xX—x9—0 x—2—-0 X-2

12

_0] = —00,CJICIOBATEBbHO, IIpsIMAst x, = 2

SBJISIETCSL BEPTUKAIBHOM aCUMITTOTOM.
Haitnem HakimoHHyro acuMnToty:y = kx + b
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pa3aciiuM 4YuCJIUTCIIb

= tim ) jim _
X—>+00 X X—>+0 (X—2)X

(x—>—o0) (x—>—0)

3X2—X+2_|:oo:|

o0 N 3HAMCHATCJIb Ha X2

3—1+£2
— lim X 2X =3
oy 1-7
X

3X* —X+2-3x*+6X _

2
b=lim [ f(x)—k-x]= lim w—sxj: lim

X—>+00 X—>+00 X—- X—>+o0 X—2
(x—>—00) (x—>—00) (x—>—o0)
S5x+2 5+2
X+ . ™
= lim —=5.
x—->+00 x-—2 x—>+0 1-=
(x>—0) (x—>—0) x

Hammm, ytok = 3 u b = 5, cienoBarenpHo, ypaBHEHNE HAKIIOHHON ACHMITTOTHI
uMeeT BUIY = 3 X + 5.

Bonpocul u 3a0anus.
1. Onpenenenue s3kcTpeMyma QyHKIIHH.
2. Ompepenenue TOYKU neperuda rpaduxa GyHKIUU.
3. AnropuT™m ucciaea0BaHus (YHKIIMU Ha BBIMYKJIOCTh U TOUKH Meperuoa.
4. AcumnToTsl rpaduka GyHKIIHUH.
5. OOmras cxema ucCleI0BaHus U TOCTpoeHUsT rpaduka GyHKIUU.

Haiitu skcTpeMymbl pyHKITHI:

1 1 1 1

1.y=§x3—zx2—2x. 2.y=§x3+zx2—6x.
HaiiT nHTEpBaIbl BEITYKIOCTH, BOTHYTOCTH M TOUKHU Nepernda rpaduka
GyHKLINH:

4 =x3-5x°+3x-5
1.y=%—2x2. 2.y

Haiit acuMntoTsl rpaduKoB ciaenyomux GyHKIAN:
1y = 2—x2. 2.y = 5x2+2x—1.
xX+3 1-x
HccnenoBatrh PyHKITMIO U TIOCTPOUTH €€ rpaduK.

3

- _* — )
ly= TP 2.y = 3x(1 — x?).
PexoMeH1yeMble UCTOUHUKHA HHPOPMAITHH
(Ne uctounmka)
OcHoBHasl JlonoHUTEIbHAS MeTtonuyeckas WuTepHeT-pecypcsl
1 1 1,2 12
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IIpakTH4yeckoe 3ausitue 6.

Tema 3anamusn. MeTo1bl BEIYUCIICHUS BEPOSITHOCTEH CITydalHBIX COOBITHH.
Ilenv3anamusn. 3akpenuTh HABBIKM MPUMEHEHHUS BEPOATHOCTHIX MojeNed B
npoleccax yrnpaBJIeHUs.
B pe3ynomame oceoenun memul 00yuarouquiica 00ax4cen:
3HaTh:
- OIIPEJIEIICHUE TEOPEM CIIOKEHUS U YMHOKEHUS BEPOATHOCTEH.
Ymern:
- PUMEHSTh TEOPEMBI CJIOKEHHS M1 YMHOKEHUSI BEPOSATHOCTEM.
Baagers:
- CIOCOOHOCTBIO K camoopranmu3anuu u camoobpaszoBannio (OK-7); cmocoOHOCTBIO
M3MEPSATh M COCTaBJIATh OMUCAHHE MPOBOJAUMBIX IKCIEPUMEHTOB, MOJATOTABINBATH
JAHHBIE ]IS COCTaBJICHUS 0030POB, OTUETOB M HAYYHBIX MyOJIUKaIUi; BiaJcHUEM
CTaTUCTUYECKUMU METOJIaMd M CpeACTBaMU OOpabOTKH HKCIIEPUMEHTAIbHBIX
JaHHBIX MPOBeaeHHBIX uccaenoBanuii (ITK-26)
AxkmyanvHocmb  memsl.  Teopus  BEpOSATHOCTEW  MUCIIONB3YyeTCd B
TEXHOJOTUYECKUX pacUeTax.
Teopemuueckan uacme.
Knaccuueckoe onpedenenue eeposmnocmu.
Beposmnocmuv coovimus A onpeaensiercs GopMynoi
P(4) =7,
rJie M — YKCII0 IEMEHTAPHBIX COOBITUM, OJArONPUATCTBYIOUIUX MOSBICHUIO COOBITHS
A, N — 9HCII0 BCEX AIIEMEHTAPHBIX COOBITHH, BXOIAIHX B €2,
370 omnpeeneHne Ha3bIBACTCS KIACCUUECKUM ONpedeleHUeM 8ePOSIMHOCHIU.
N3 onpeneneHnst BEpOSITHOCTH BBITEKAIOT CIEAYIOIIUE €€ CBOMCTBA!
1. Beposmuocms 0ocmosepto2o cobbimus pagHa eOuHuye.
JleficTBUTEIbHO, €CM COOBITHE JOCTOBEPHO, TO BCE DJIEMEHTApHBIE COOBITHS
0JIaronpuATCTBYIOT eMy. B 3TOM citydae M=n u, ciegoBaTelbHO,
P)=2=2=1,
n n
2. Beposamnocmob He803MONICHO20 COObLIMUS PABHA HYJIIO.
JleficTBUTEIBHO, €ClTU COOBITHE HEBO3MOXKHO, TO HU OJHO dJIEMEHTAapHOE COOBITHE HE
OaronpusTcTByeT emy. B aTom cityqae m=0 wu, clieoBaTeNbHO,
P(@)="= % =0.
3. Beposimnocmb cyuaiino2o codbimus ecmb NOJONCUMENbHOE YUCTO, 3aKTI0YeHHOe
MexHcOy Hyem u eOuHuyell.
JleCTBUTENBHO, CITy4yallHOMY COOBITHIO OJIAarONpPHUSATCTBYET JIHMIIb YacTh U3 OOIIEro
YHCiIa dJIEMEHTapHBIX COOBITHI. B 3TOM citydae 0 < m < n, a 3Ha4uT, 0 < % <1 u,

ciaenoBarelibHO, 0 < P(4) <1
Wtak, BEposSTHOCTH JIFOOOTO COOBITHS yIOBIETBOPSET HEPABEHCTBAM

0<PA)<1
Ecau mpocTpancTBo Q coaepkUT OECKOHEUHOE MHOKECTBO DJIEMEHTAPHBIX COOBITHH,
TO HCIIOJIB3YETCSI T€OMETPUUECKOE OIPENEIIEHUE BEPOSITHOCTHU, KOIrZa BEPOATHOCTH
MOTaIaHMs TOYKUA B JTIOOYIO 00JacTh MPOTOPIMOHATBHA MEpe ATOW YacTH (IJIMHE,
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o1, 00beMy) 1 He 3aBHCUT OT €€ PACIIOJIOKEHUS U (POPMBI.

P(A) = Mesg
mesG
, TJIe mes — Mepa JJTMHBI, II0Iaa1, o0beMa, g — 9acTh oomactu G.

IIpumep 1. Bpocaetcst urpanbubiii kyouk. [IpocTpancTBO 3eMEHTapHBIX COOBITHIA,

o ) Q={a)1,a)2,...,a)6}.
OTBCYAOIICC TaHHOMY OKCIICPUMCHTY, UMCCT CICAYIOIINHU BU]I:.

[Iycth coObITHE ACOCTOMT B MOSIBJIEHUM YETHOrO yucia o4ykoB. CoObiTHe A ecTb
Q, A= {w,, 0, og}.

IIOJIMHOKECTBO.

DneMeHTapHble COOBITHS, BXOSALIME B COCTAB CIYyYaWHOTO COOBITHS AHa3bIBAIOTCA
COOBITUAMH, O]1a20NPUAMCMEYIOWUMU TIOSIBICHUIO coObITUs A. J[Ba MIIM HECKOJIBKO
COOBITUH B JAHHOM OIIBIT€ HA3BIBAIOTCSA PABHOBO3ZMOICHLIMU, €CIH TIO YCIOBUSAM
CUMMETPHH OIbITA HET OCHOBAHUI CUYUTATh KaKoe-In0o coObITHE 00JIee BOBMOKHBIM,
4yeM J1r000e Apyroe.

Ipumep 2. B notepee pasbirpeiBaercs 1000 6mneroB. Cpenu HUX 2 BBIUTPHIIIA 110

50 py0., 5 — 20 py6., 10-10 py0., 25-5 py6. Hexro xynun omun Ouner. Haiitu

BEPOSATHOCTH BBIUTpHINIA HE MeHee 20 pyOiieit.

Pewenue.

ITo ycnouro: 1000 = 250+520+1010+255+958pourprim-

[Iycts A- nckomoe coObiTHe. Boiurpeiim He menee 20 py0sield — 3To BbeIMrpbi B 20

pyOnel, KOTOphlii BcTpeudaercs Mi=5 pa3 u BeMrpseill B 50 pyOsneil, KOTOpPHIA

BCcTpeuaeTcss My=2 pasza. Torma m=m; + m.n=1000 - oOmiee KOIMUECTBO BCEX
p(a)=""22%2_0 007,

OWIIETOB. n 1000

Ipumep 3. N3 90 cnyyaitHO OTOOpaHHBIX OJMHAKOBBIX JETAJCH BBISIBICHO 3

OpakoBaHHBIX. OTHOCHTENbHAS YACTOTa OPAKOBAHHBIX JETACH paBHA
w3 L
90 30 .
[Ipy yBenuYeHUM 4YHUCIA UCHBITAaHUM (OMBITOB) HAOMIOAAETCS YCTOMYMBOCTH
OTHOCHUTEJILHOM YacCTOTHI, T.€. CYIIECTBYET HEKOTOpask MOCTOSHHAS BEJTMIMHA, OKOJIO
KOTOpPOH TPYNIHUPYETCsS OTHOCHTENbHAs 4YacTOTa MW K KOTOPOW OHa Bce OOJIbIIe
MPUOJIMKAETCS C YBEIWYCHUEM YHWCIAa WCTIBITAHWNA. OTa TMOCTOSHHAS BETUYMHA
HA3bIBACTCSI  BEPOSMHOCHMbIO  CAy4autHo2o  coobimu W obOo3HaudaeTcsiP(A).
PaccmoTpeHHO€  TOHSTHE  BEPOSITHOCTH — CIIYYalHOTO — COOBITHSI  SIBIIACTCS

CTaTUCTHUYCCKHM OIIPCACICHUEM BCPOATHOCTH.

[TycTh coObITHSI A U B — HECOBMECTHBIC, TPUYEM BEPOSTHOCTH ITUX COOBITHIA
nanbl. Kak HaliTH BEPOATHOCTH TOTO, YTO HACTYMHT JHO0 cOObITHE A, THOO COOBITHE
B, T.e. BEpOSATHOCTb CyMMBbI 3THX COOBbITHII A+B? OTBET Ha ATOT BOMNPOC JAET
cieayronias TeopemMa.

Teopema cJI0:KeHMSI BEpPOSAATHOCTEHl HECOBMECTHBIX COObITHIM.BepoamHnocmy
CYMMbl 08YX HECOBMECHHBIX COOLIMULL PABHA CYMME 8EPOSIMHOCIEN IMUX COObIMUIL
P(A+ B) = P(A) + P(B).

Teopema yMHO:KeHUSI BEPOSAATHOCTEH HE3aBUCHMBIX COOBITHIl. Beposmnocmb
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npou3zeedeHusi 08yX He3aBUCUMBIX COOLIMUL PABHA NPOU3BEOEHUI0 BEPOSIMHOCMEN
IMUX COOLIMUIL:
P(AB) =P(A)-P(B).
CaencrBue.Beposamuocnms npouzsedetuss HeCKOIbKUX He3A8UCUMbBIX COObIMUL pasHa
NpOU38e0eHUI0 8EPOMHOCHEN IMUX COOLIMULL.
P(A -Ay- ..o Ay) = P(A)) - P(4y) - ...- P(Ay).
Teopema yMHOXKEHHSI BepPOSAITHOCTEH 3aBUCHMBIX COOBITHMH. Beposmuocmo
npousBeodeHusi 08yX 3A8UCUMBIX COObLIMULL PABHA NPOU3BEOCHUI0 BEPOAMHOCMU
00HO20 U3 HUX HA YCIOBHYIO  BGEPOSIMHOCMb  OpYy2020,  GbIYUCIEHHYIO 8
NPeonoNoNCeHUU, Ymo nepeoe cobvimue yice HACMynuio.
P(AB) = P(4/B) - P(B).

Ipumep 1. B ypue 30 mapos: 10 kpacHbix, 5 cunux u 15 Oenbix. Haiitu
BEPOSATHOCTH MOSIBJIEHUS [IBETHOTO IIApa.
[TostBnieHne HBETHOTO 1Iapa 03HAYAET MOSIBICHHUE JIM00 KPACHOTO, TMOO CUHETO MIapa.

BeposITHOCTh MOSBIICHUS! KPAaCHOTO Ii1apa (CoObITHE A)
10 1

P(A) = % = E
BeposiTHOCTB MosiBIIeHHUS CHHETO Iiapa (coobiTue B)
5 1
P(B)===-.
30 6

CobObiTust A u B HecoBMeCTHbl (IMOSIBICHUE IIapa OJIHOTO IIBETa HCKIIOYaeT
MOSIBJICHUE IlIapa JIPYroro 1BETa), IO3TOMY UCKOMAasi BEPOATHOCTh paBHA
P(A+B) =P(A)+P(B)=:+-==.
Tak kak MpOTHUBOMOJIOKHBIE COOBITHSI BMECTE 00pa3yOT JOCTOBEPHOE COOBITHE, TO
P(2) =P(A) +P) =1,
MMO3TOMY
P(A) =1-P(A).
IIpumep 2. BeposiTHOCTH TOTO, YTO JIEHb OyJIET MOKIJIUBBIM, paBHa p = 0,3. Haiitu
BEPOSITHOCTH TOTO, YTO JI€Hb OYJIET SICHBIM.
CoObITUS «ICHb MOXIJIUBBIN» U «JI€Hb SICHBII» — MPOTHUBOMOJIOXKHBIE, TOITOMY
HCKOMasi BEpOATHOCTb paBHA
g=1-p=1-03=0,7.

IIpumep 3.MunieHb COCTOUT U3 TPEX 30H. BeposATHOCTh MONagaHus B MEPBYIO 30HY
nmpu oaHoMm BbIcTpene paBHa 0,15; Bo Bropyro - 0,23; B Tpersro - 0,17. Haiitu
BEPOSATHOCTH IIPOMaxa.
O603HauMM COOBITHE ~ - nmpoMax, A - momajaHue B MUIIEHb. Torma A = A; + A, + A,
rae A, A,, A; - TIONAIAHUE COOTBETCTBEHHO B IEPBYIO, BTOPYIO M TPETHIO 30HBI. [0
TEOpPEME CII0KEHUSI BEPOATHOCTEM:
P(A) = P(4,) + P)+P(4;) = 0,15+ 0,23 + 0,17 = 0,55
orkyna  P(A) =1—P(A) = 0,45

ITycTte mpou3BOAUTCS N HE3ABUCUMBIX HUCIBITAHUW, B KaXXOM M3 KOTOPBIX
coObITHE A MOKET TuO0 mpousoiTu (ycrmex), Mmoo He mpousoiTu (Heynaya). bynem
CUHMTATh, YTO BEPOSATHOCTH COOBITUS A B KaXKJIOM HCHBITAHUU OJIHA U Ta K€, a UMEHHO
paBHa p. CrenoBarenbHO, BEPOSITHOCTb HEHACTYIUIEHUS COOBITHS A B KaXIOM
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UCTIBITAHUM TaKXe€ TMOCTOSSHHa u paBHa (=1-p. Takas mnociea0BaTEIbLHOCTh
UCTIBITAHUW HAa3bIBACTCS cxemou bepuynu.
B kayecTBe TakuWX MUCIBITAHUA MOYXHO pAacCMaTpPUBATh, HAMPHUMEDP, MPOU3BOJICTBO
U3JIETIMI Ha OIpEAesIEeHHOM O0OpYIOBAHUM TNPHU TOCTOSHCTBE TEXHOJOTUYECKUX U
OpraHMU3alMOHHBIX YCJIOBUH, B 3TOM CJIy4dae HM3rOTOBJIEHUE TOJHOTO W3JAEIUS —
ycnex, OpakOBaHHOTO — HeyJada. JTa CUTyalldus COOTBETCTBYeT cxeMe bepHysiu,
€CJIM CUMUTaTh, YTO MPOLECC M3TOTOBJIEHUSA OJHOTO M3IEIUS HE 3aBHCUT OT TOTO,
OBLITM TOAHBIMH WM OPaKOBAaHHBIMHY MPEIBITYIIHE H3ICITHS.
JlpyruM mpuMepoM SIBIISIETCS CTpelibda MO MHUILEHU. 3/1eCh MOMaJaHue — YCIIeX,
MpoMax — HeyJayva.
[ToctaBuM cBoO€il 3ajadyeil BBIYUCIUTH BEPOSTHOCTH TOTO, YTO MPU N UCHBITAHUAX
coObITHEe A OCYIISCTBUTCS POBHO K pas u, ciemoBaTebHO, HE OCyllecTBHTCS N—K
pas, T.e. Oyzaer K ycriexoB u N—K Heymay.
Hckomyto BeposTHOCTH, 0003HauuM P,(k). Hampumep, cumBon Ps(3) o3Hayaer
BEPOSITHOCTh TOTO, YTO B MATH HCHBITAHUSX COOBITHE TOSIBUTCS POBHO 3 paza W,
CJI€A0BATEIbHO, HE HACTYHUT 2 pasa.
ITocnenoBaTenbHOCTh # HE3aBHUCUMBIX HCIHBITAHUM MOXHO paccMaTpUBaTh Kak
CJIO)KHOE COOBITHE, SIBJSIONIEECS TMPOU3BEICHUEM 71 HE3aBUCUMBIX COOBITHIA.
CremoBatesbHO, BEPOSITHOCTh TOTO, UTO B 7 MCIIBITAHUSAX COObITHE 4 HACTYnuT K pa3
U He HacTymuT N—K pa3, 1O TeopeMe YMHOXKCHHS BEPOSTHOCTEH HE3aBHCHMBIX
coOBbITHH, paBHA
pk qn—k_

Takux CIIOXKHBIX COOBITUH MOXET OBITh CTOJBKO, CKOJIBKO MOHO COCTaBUTh
COUYETaHUMU U3 71 DIIEMEHTOB 110 K 311eMeHTOB, T.€. CX.
Tak kKak 3TH CIIOXKHBIE COOBITHUSI HECOBMECTHBI, TO IO TEOPEME  CIIOKECHUS
BEPOSTHOCTEM HECOBMECTHBIX COOBITHI, HCKOMas BEpPOSATHOCTh paBHA CyMMeE
BEPOSITHOCTEM BCEX BO3MOXHBIX CIIOKHBIX COOBITHI. [TOCKONBKY k€ BEpOSTHOCTH
BCEX 3TUX CJIOXKHBIX COOBITHH OJMHAKOBBI, TO UCKOMas BEPOATHOCTH (TosiBiicHHE K
pa3 coObITHSI A B n UCIBITAaHUSX) PaBHA BEPOSATHOCTH OJHOTO CIIOKHOTO COOBITHS,
YMHOKEHHOU Ha UX YHUCIIO

P, (k) = Ckp*q"*

401041
|

Kkl (n—k)! AU

[Tonyyennyto ¢popmyiy Ha3bIBalOT hopmynot bepryiiu.

IIpumep 1. BeposATHOCTH TOro, YTO PACXO] IJIEKTPOIHEPTHH HA MNPOIOJIKEHHU
OJHUX CYTOK HE€ IIPEBBICUT YCTAaHOBJIEHHOM HOPMBI, paBHa p = 0,75. Haitu
BEPOSITHOCTh TOTO, YTO B Te4ueHHEe 4 CyTOK U3 Ommkalmmx 6 CyTOK pacxon
ANEKTPOIHEPTUH HE MPEBBICUT HOPMBI.

Pewienne. BepoATHOCTE HOPMANIBHOTO pacxoda AIEKTPOIHEPTUHM HA NPOAOJDKEHHUU
KOKIbIX U3 6 CyTOK NMOCTOSIHHAa M paBHa p = 0,75. CieqoBaTeNbHO, BEPOSITHOCTH
MepePACX0/1a MEKTPOIHEPTUH B KaXKIble CYTKM TAKXKE IOCTOSIHHA M paBHA q = 1 —
p=1-0,75 = 0,25.

Hckomas BeposTHOCTD 10 Gopmysie bepuymnnu paBaa

Pn(k) =
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6-5
Ps(4) = Cgp*q* = Cp*q® = .

B paAac 3aaad MMpeacTaBJsICT HHTCPCC HaHBepOHTHeﬁmee qUCJIO YCIICXOB, T.C. TAKOC

ancio M ycrexoB, BEpOATHOCTH KOTOPOTro camas GONbIIAsS CPEIH BEPOSTHOCTEH.

Tak kak mpu yBeNMWYEHWH K BEpPOATHOCTHM  CHayaja BO3PACTAlOT, a 3aTeM, C
M
OINpPE/ECIEHHOT0O MOMEHTa, HayMHAKT YObIBaTh, TO s UMEIOT  MECTO

COOTHOILECHHS
P.(M) = R, (M-1)

F.(M) > F,(M+1)

Hcnons3yss ¢GopMmyldly U COOTHONIIEHHE p+q =1, TOJy4aeM COOTBETCTBEHHO
HEPABEHCTBA

(n—m+1)p=mq
u

(M+D)g=(n—m)p

2

OxoHyaTesnbHO nojiydyaem, 4To M JeKUT B MHTEPBAJIC CAUHUYHOMN JJTUHBI:
np—g<m<np+p

OpnHako, CTOUT 3aMETHTh, YTO HMCIOJb30BaHUE (opMysbl bepHymu mpu O0IbIIMX

3HAUEHHUSX M JIOCTATOYHO TPYJHO, TaK Kak (opmysa TpeOyeT BBHIMOIHEHUS JIEHCTBUIMA
HaJ] TPOMAIHBIMU YUCIIAMH.

Hanpuwmep, eciiu n = 50, k = 30,, p = 0,1, TO 1711 OTBICKAHHS BEPOATHOCTHU P5o (30)

50 Iiie 50! = 30414093 - 1057:30! =
30!-20!

HAJI0 BBIYMCIIUTH BBIPAXKEHUE Ps((30) =
26525286 - 102°;20! = 24329020 - 1011

JlokaabHast Teopema Jlanaaca.Eciu eeposimuocmov p noseieHus coovimus A 6
Kan#coOM UCHbIMAHUU HOCMOSHHA U OMJIUYHA OM HYJISL U eOUHUYbL, MO 8EPOSIMHOCIb

P” (k) moco, 4no cobvimue A noseumcs 6 n UCNLIMAHUSX POBHO kpCZS’, npu6ﬂu9fC€HHO

pasHa (mem moutee, uem OoabULe N) 3HAYEHUIO PYHKYUU

2
1 1 X k—np

A, 1
Y= fe Tl C T Jape OWMpU x =2

x?

1 —
NmeroTcst TabnMuIbl, B KOTOPBIX MOMELIEHBI 3HAaUeHUs] PYHKIUU ¢ (x) = = 2 IIpn

ATOM CJEAYET YUUTHIBATh, UTO ¢ (—x) = ¢(x), TaKk Kak PYHKIHUS ¢ (x) YeTHAas.
CrnenoBarellbHO, BEPOSTHOCTh TOTO, YTO COOBITHE A TOSBUTCS B 71 HE3aBHUCHMBIX

UCTIBITAaHUSAX POBHO K pa3, mpuOIMKeHHO paBHA
1

Bu(k) = =" (),

Jnpq
e x = <2
Jnpq’

IIpumep 1. HaliTu BeposiTHOCTBH TOTO, YTO cOObITHE A HacTynuT poBHO 80 pa3 B 400

UCHBITAaHUSX, €CJIM BEPOSATHOCTh MOSBIIEHUS 3TOTO COOBITUS B Ka)KIOM HCIBITAHUU

paBHa 0,2.

Pemenue. Ilo ycnoBuio n = 400; k = 80;p = 0,2; q = 0,8. Bocnons3zyemcsi popmyroi
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(4.7):
1 1
BI)ILII’ICJII/IM OHpe,I[eJ]HeMOG JAHHBIMHA 3a1a4U 3HAUYCHHUC X.
__ k—np _ 80-400-0,2

Jopa 5 = 0.

ITo Tabaumne naxoaum ¢(0) = 0,3989.
Hckomast BEpOSTHOCTB paBHA

P40o(80) = = - 0,3989 = 0,04986.
[lycth Tenepb TpeOyeTcsl BBIYMCIUTH BEPOSITHOCTH B,(kq,k,) TOTO, 4TO cOoObITHE A
MOSIBUTCSL B 71 UCTIBITAHUSX HE MeHee k; U He Oolee k, pa3 (i1 KpaTKOCTH Oynem
TOBOPUTh «OT k; N0 k, pa3»). DTa 3aJada pelaeTcs C IMOMOIIbIO CIEaYyIOIIeH
TEOPEMBI.
HNurerpansnas teopema Jlannaca.Eciu geposmuocms p nacmynienusi coovimus A
8 KaAMCOOM UCHBIMAHUU HNOCMOAHHA U OMAUYHA OM HYId U eOUHUuysvl, mo
geposmuocmo B, (kq, k,) mozo, umo cobvimue A nossumcs 6 n UCHLIMAHUAX OM
k,00k,pa3, npubnusxcenHo pagna onpeodeieHHOMY UHMe2Pany

ZZ
Py (ky, ky) = ~2dz,

1 X2
Vam fx1 €
kq1—np k,—np
— U x, = .
v 1pq 2 v 11Ppq

[Ipu pemenun 3amad, TpeOyrOIMX NPUMEHEHHs MHTErpaibHOM Teopemsbl Jlamnaca,

e0e x; =

ZZ
MOJIB3YIOTCSl CIIEIUATIBLHON TaOnuIei st mHTerpaia @ (x) = e 2dz. B Tabnuue

1 X
7 lo
JaHbl 3Ha4eHUs PYHKIMU @ (x) 11t x = 0, a AJid x < 0 BOCHOJIB3YEMCSl HEYETHOCTBIO
byukIuu @(x), 1.6. @(—x) = —@(x). OyHKIUIO P(x) YACTO HA3BIBAIOT (HYHKYUell
Jlannaca.

I/ITaK, BEPOATHOCTL TOI'O, 4TO coObITHE A TIOSIBUTCS B 77 HE3aBUCUMBIX UCIIBITAHHUSIX OT

k, Kk

1 mo "2 pa3, paBHa

Po(ky, k3) = @(x3) — @(x1),
e x, = A2y, = 22

N N
IIpumep 2. BeposiTHOCTh TOrO, UTO OPTaHU3ALMSA HE MPOILIIa MPOBEPKY HAIOTOBOM
MHCIIEKUINH, paBHa p = 0,2. Hailtu BeposiTHOCTH TOro, uto cpeau 400 ciydaitHO
OTOOpAaHHBIX OpraHW3alid HE MPOIICANINX MPOBEpKY okaxercs ot 70 mo 100
OpraHu3aluvi.
Pemenue. [lo ycnoBuro n = 400; k; = 70; k, = 100; p =0,2; g = 0,8Bocnons3yemcs
dbopmyroii (4.9):

P400(70,100) = ®(x;) — D(x1).

BprauciauM HUOKHUANW U BEPXHUN NPEAEIbl UHTETPUPOBAHUSA:
__ki—np _ 70-400-0,2

Xq = = = —1,25;
1™ /apqg ~ V4000,2:0,8 yE
_ komp _ 10040002 _ , ¢
)5,

X2 = " pq _ Va00208
Takum 0O6pazom, umeem
P100(70,100) = @(2,5) — @(—1,25) = ®(2,5) + @(1,25).
[To Tabnuue 3HaueHnt PyHKINUU P (x) HAXOTUM
®(2,5) = 0,4938; &(1,25) = 0,3944.
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Hckomast BEpOSTHOCTB paBHA

P400(70,100) ~ 0,4938 + 0,3944 = 0,8882.
IIycTp mpoM3BOOMTCA N HE3ABUCHMBIX HCIIBITAHUM, B KaXXJIOM M3 KOTOPBIX
BEPOSITHOCTh TOSIBIICHUsI COObITUSI A paBHa p. /s onpexpeneHus BeposiTHOCTH K
HOSIBJICHUIM COOBITHSI B 3TUX UCHBITAHUSAX UCHOJIB3YIOT popMyiy bepnymu. Ecnu ke

n  BCJIMKO, TO IIOJIB3YIOTCA JIOKaJbHOM TCOpGMOfI Jlamnaca. OI[H&KO OHa JacT
(p<0.,1).
6OJII>HIy1-O MOTrpC€IIHOCTb, €CJIN BCPOATHOCTD COOBITHS Mana

n
Ecou cpaenmare gomyiieHue, YTO MPOU3BEICHUE P npu "% coxpaHser

np=A41
IIOCTOAHHOC 3HAYCHHE, a HUMCHHO , TO BEPOATHOCTh TOT'O, YTO IIPpU OYCHb

OOJIBITIOM YHCJIC WUCIBITAHUN, B KaXIOM W3 KOTOPBIX BEPOSTHOCTH COOBITHS OYEHBb
Majia, COOBITHE HACTYIHT POBHO K pa3, HAX0IUTCs MO cienyomeit popmyie:

_A
Pn(k)_ﬁe :

Ota (opMyiia BbIpakaeT 3aKOH pacnpezaeneHus I/yaccona BEpOSITHOCTEN MacCOBBIX
(n BEJMIMKO) M MaJIOBEPOSITHBIX (p Majo) cOOBITHH. MIMEIOTCS crienuaibHble TaOIHIIbI
1 pacnpenenenus Ilyaccona.

Ipumep 3. 3aBox ornpasBuin Ha 6azy 5000 xadecTBEHHBIX H3AeIUl. BeposTHOCTH
TOr'0, 4TO B IIyTH m3aenue nopeaurcs, pasHo 0,0002. Haiitu BEpOATHOCTH TOTO, YTO

Ha 0a3y npulyayT 3 MOBPEKACHHBIX U3EIHS.
n =5000, p =0,0002,k =3 . 1
Pewenue. [1o ycnosuro . Haitnem

A =np =5000-0,0002 =1
Hckomas BeposaTHOCTH o opmyiie (5.2) paBHa:

P, 1
Poooo (3) :ge ' :gz0,06

Bonpocwt u 3a0anus.

Teopema ci0KeHHS BEpOSTHOCTEH HECOBMECTHBIX COOBITHH.
Teopema yMHOKEHUSI BEPOSATHOCTEH HE3aBUCUMBIX COOBITHH.
TeopeMa yMHOKEHHS BEPOSATHOCTEH 3aBUCUMBIX COOBITHIA.
Cxema ucnpiTanuii bepHysu.

®opmyna bepnyiuu.

Hawnbonee BeposiTHOE YUCIIO YCIIEXOB B cxeMe bepHyiuu.
[Tpubmmxennas gopmyna [lyaccona.

JloxanbHas teopema Myaspa-Jlamiaca.

© oo NoO Ok WNRE

HNurerpansHas Teopema Myaspa-Jlamiaca.

3ananue 1. bpouiens! 2 urpanbabie KOCTH. HaliTh BEpOATHOCTH TOTO, UTO CymMMa
BBIMABIINX OYKOB — YETHOE YUCIIO, MPUYEM HA I'paHU XOTs Obl OAHON M3 KOCTEH
NOSIBUJIACH IIECTEPKA.
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3ananue?. Ilpu nepeBo3ke sAUIMKa, B KOTOPOM COAEpX anuch 21 crtanmaptHas u
10 HecraHmapTHBIX [eTalield, yTepsHa OJHA AETaldb, NMPUYEM HEHU3BECTHO Kakas.
N3Bneu€HHass Hayraja 1mocie J3TOro JeTajb OKasajlach CcraHaapTHou. Hautu
BEPOSITHOCTh TOTO, YTO ObLIa yTepsHA: a) CTaHJapTHas JAeTalb; 0) HecTaHAapTHas
JEeTab.

3aganue3d. 3agymaHO [BY3Ha4HOE€ 4YHUCIO. HallTh BEPOATHOCTH TOTO, YTO
3aJlyMaHHBIM OKaXeTCs: a) CIIy4ailHO Ha3BaHHOE JBY3HAYHOE YHUCIO; 0) CilydailHO
HA3BaHHOE JIBY3HaYHOE YHCIIO, HU(PBI KOTOPOTO Pa3IHYHBI.

3ananue 4. BeposTHOCTH MOSABICHUS KAXIOTO U3 JIBYX HE3aBHUCHMBIX COOBITHIA
A u B coorBerctBenHo paBHbl 0,6 u 0,5. HailTu BEpOATHOCTh MOSIBIEHUS TOJIBKO
OJIHOTO U3 HHUX.

3ananue 5. B suuke cpeau 100 neraneit Haxonutcst 1 OpakoBanHas. U3 simka
Hayznady u3BiieueHsl 10 neraneii. HaliTu BEpOATHOCTB TOTO, UTO CPEAN HUX OKAKETCS
OpakoBaHHasI.

3amanue 6. Monera Opocaercs maTh pa3. HailTu BeposTHOCTH TOro, YTO Open
BBIMAJET 2 pa3a.

3ananue 7. B cembe 5 nereil. HailTu BEpOSITHOCTH TOTO, YTO CpPEOu HUX 2
MaJIbYMKa, €CIIM BEPOSITHOCTh POKIICHUS MajbuuKa paBHa 0,51.

BepositHocTh 0OHapy»eHHUs oneyaTku Ha crpaHulle kHuru pasHa 0,01. Haiitu
BEPOATHOCTh TOro, 4ro B 500-cTpaHMYHON KHHUre HE OyAeT OOHapy eHO OIe4yaToK
(oOHapykeHHEe ONedaToK Ha pa3IMYHbIX CTPaHUIAX CYUTaTh HE3aBUCHUMBIMU
COOBITUSIMHU).

3amanue 8. BeposSTHOCTH M3rOTOBJICHMS NeTand BbIciiero copta paBHa 0.4.
Haiitu BeposiTHOCTB TOTO, 4TO U3 260 AeTaneil mojioBuHa OYJET BBICIIETO COPTA.

3ananue 9. BeposSTHOCTh M3rOTOBJIEHUS U3/ENUs BhICIIErO KayecTBa paBHa 0,8.
Haiitn BeposTHOCTBH TOrO, 4TO Ccpeau B3AThIX 60 m3genuit 30 OKa)XKyTCs BBICHIETO
Ka4ecTBa.

3amanuel(0. BepostHocTh mosBiAcHUS coObITHS A B Kaxkaom wu3z 100
HE3aBHCUMBIX HMCHBITAHUN NOCTOsSiHHA U paBHa (,8. HailT BEpOSITHOCTH TOTO, YTO
coObITHEe A mosBuUTCS He Oonee 74 pas.

3amanue 11. BeposTHOCTH HEKOTOPOro COOBITUS B €IMHUYHOM HCIBITAHUH
octapisier 0,004. Halitu BeposiTHOCTH TOro, 4ro B 2500 HCHBITAHUSAX JAaHHOE
coOBITHE IPOU30IAET POBHO 4 paza.

3ananue 12. BepodaTHOCTh HACTYIJIEHUSI COOBITHSI A B OJJHOM ombiTe paBHa 0,6.
Haiitu BeposiTHOCTH TOTO, 4TO coObITHE A HacTynut 1400 pa3 B 2400 ucnbiTaHusIX.

3aganue 13. BeposSTHOCTh MOSIBIEHUSI COOBITHS B Ka)XIOM M3 HE3aBHUCHUMBIX
ucneiTanuii pasHa 0,8. HaifTu BeposITHOCTH TOTO, UTO COOBITHE HACTYIUT HE MEHEE
YETBIPEX Pa3 MPHU S5 UCTIBITAHUSAX.

PexoMeHniyeMble HCTOUHUKH UH(DOpMALIUN
(Ne ucrouHmka)
OcHoBHas JononHuTenpHas Mertonnueckas HNutepnHeT-pecypcbl
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IIpakTH4eckoe 3ausiTue 7.

Tema 3anamun. HezaBucuMbIe UCTIBITAHUS.

Ienv3anamusn. 3akpenuTh HABBIK IPUMEHEHHSI CXEMBbI UCTIBITaHUN bepHym u
HaXOXeHUE HanboJjiee BEPOATHOIO YUCIIa YCIIeX0B B cxeMe bepHyu.

B pe3ysabTarte 0cBOeHMS T€MBbI 00YYAKOIIMIACH 10JIKEH:

3HaTh: onpe/ielieHUE CXeMbl UCIBITaHUN bepHyuin.

¥YMerh: NpoHu3BOANTH BBIYUCICHUS 1O cxeme bepHyiui.

Baagers:
- CIOCOOHOCTBIO K camoopranm3anuu u camoobpaszoBannio (OK-7); cmocoOHOCTBIO
M3MEPSATh M COCTaBJISITh OIMUCAHUE MPOBOAUMBIX AKCIEPUMEHTOB, MOATOTABIMBATH
JAHHBIC IS COCTaBJICHHUS 0030pOB, OTYETOB M HAYUHBIX MYyOIHMKAIUN; BJaJICHUEM
CTaTUCTUYECKUMU METOJIaMd M CpeACTBaMU OOpabOTKH HKCIEPUMEHTAIbHBIX
JaHHBIX MPOBeaeHHBIX uccaenoBanuii (ITK-26)

Axmyansnocms memot. Dopmyna bepHymM HCTONB3YETCS B Pa3IMUHBIX
TEXHOJIOTUYECKHUX pacueTax.

Teopemuueckan uacme.
[TycTh TpoW3BOAMTCS N HE3aBUCHUMBIX HCIIBITAHUHN, B KXKIOM M3 KOTOPBIX COOBITHE
A MoxeT b0 nmpou3onTH (ycmnex), 11ubo He MPou30uTH (Heyaada). bynem cuurars,
YTO BEPOSTHOCTH COOBITHS A B KOKJIOM UCIIBITAHUH OJTHA U Ta K€, 4 UMEHHO paBHA p.
CrnenoBaTeNbHO, BEPOSITHOCTh HEHACTYIUICHUSI COOBITHS A B KaXIIOM HUCIHBITAHUH
Takke TMOocTossHHa u paBHa (=1-p. Takas mnocieq0BaTENbHOCTh HUCHBITAHHMA
Ha3bIBae€TCA cxemou bepHynnu.
B kadecTBe TakuxX HCHBITAHUN MOXKHO pacCMaTpUBaTh, HAMPUMEP, MPOU3BOICTBO
W3JICTTUi Ha OMpPEACIICHHOM OOOpYJIOBAaHHWHM TP TMOCTOSHCTBE TEXHOJOTHYECKHUX MU
OpraHU3aIMOHHBIX YCJIOBHH, B ATOM CiIy4ae HW3TOTOBJICHHE TOIHOTO H3JCTUSI —
ycrnex, OpakoBaHHOTO — Heyj/auda. JTa CUTyallusi COOTBETCTBYET cxeme bepHysm,
€CIM CYUTaTh, YTO TPOIECC HM3TOTOBJCHUS OTHOTO W3JCNIHs HE 3aBHCHT OT TOTO,
OBLITM TOAHBIMH WM OPaKOBAaHHBIMH MPEIBITYIIHE H3ACIHS.
Hpyrum npumepoM sBISIETCS CTpeiabda Mo MUIIEHHW. 3/1eCh MOMaJlaHue — YCIIEX,
poMax — Hey/aaua.
[TocraBum cBOEM 3ajlady€il BBIYUCIUTH BEPOSTHOCTH TOTO, YTO MPU N HCHBITAHUSIX
coObITHE A OCYIIECTBUTCS POBHO K pas W, CleaoBaTeIbHO, HE OCYIIeCTBUTCS N—K
pas, T.e. Oynet K yciexoB u n—K Heyau.
Hckomyro BeposTHOCTh 0003HaumMm P,(k). Hampumep, cumBonm Ps;(3) o3HayaeT
BEPOSITHOCTh TOTO, YTO B MATH HCHBITAHUSX COOBITHE TOSIBUTCS POBHO 3 pasa W,
CJIeI0OBaTeILHO, HE HACTYIUT 2 pasa.
[TocnenoBaTeTbHOCTh 7 HE3aBUCHUMBIX WCIBITAHWUA MOYKHO paccMaTpUBaTh Kak
CIIOKHOE COOBITHE, SIBJISIONICECS IPOM3BEICHUEM 7/ HE3aBUCHUMBIX COOBITHIA.
CrnenoBaTelbHO, BEPOSITHOCTh TOTO, YTO B 7 UCHBITAHUSAX COOBITHE A HACTYIHUT K pa3s
M HE HAacTymuT N—K pa3, Mo TeopeMe YMHOXCHHS BEPOSTHOCTEH HE3aBUCHMBIX
COOBITHI, paBHA
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pkqn—k_

Takux CIHOXHBIX COOBITUH MOXET OBITh CTOJBKO, CKOJBKO MOKHO COCTaBUTH
COYCTaHUH U3 71 JICMEHTOB 10 K 3JIeMEHTOB, T.€. CX.
Tak Kak ATH CJIOXHBIE COOBITHS HECOBMECTHBI, TO MO TEOpEME  CIIOXKEHUS
BEPOSITHOCTE HECOBMECTHBIX COOBITHM, HCKOMas BEpPOSITHOCTh paBHA CyMMe
BEPOSITHOCTE BCEX BO3MOXKHBIX CJIOKHBIX COOBITHH. [T0CKOJIBKY K€ BEpOSITHOCTH
BCEX JTHX CJIOXHBIX COOBITHI OJMHAKOBBI, TO MCKOMAasi BEPOSATHOCTH (TosiBieHUE K
pa3 coOBITUSI A B n UCHBITAHUAX) paBHA BEPOSITHOCTU OJIHOTO CIIOKHOTO COOBITHSA,
YMHOXE€HHOU HA UX YUCJIIO

P.(k) = Cip* q"*

NN
|

eI
[Tonyuennyto ¢hopmyity Ha3bIBAIOT hopmynoi bepuyniu.
IIpumep 1. BeposSTHOCTH TOTO, YTO PACXO] JJICKTPOIHEPTHMH HA MPOJIOJLKEHUU
OJIHUX CYTOK HE€ TPEBBICUT YCTAHOBIICHHONW HOpPMBbI, paBHa p = 0,75. Haiitu
BEPOSITHOCTh TOTO, YTO B TeueHHEe 4 CyTOK M3 Ommkalmmx 6 CyTOK pacxon
AJIIEKTPOIHEPTUH HE MPEBBICUT HOPMBI.
Pemenue. BeposTHOCT, HOPMAJIBHOTO pacxojia dJIEKTPOIHEPTHH Ha IMPOJIOJHKEHUU
KOKIbIX U3 6 CYyTOK MOCTOSIHHA W paBHA p = 0,75. CienoBaTesbHO, BEPOSTHOCTD
nepepacxo/ia MEKTPOIHEPTUN B KaXKIble CYTKH TaKXe MOCTOSIHHA U paBHA q = 1 —
p=1-0,75=0,25.
Nckomas BeposaTHOCTh 0 popmysie bepHysun paBHa

Ps(4) = Cép*q® = Cép*q* = 2

1-2

Pn(k) =

B psine 3agad npencTaBisieT MHTEPEC HAUBEPOSTHEHMIEE YUCIIO YCIEXOB, T.€. TAKOE

gncio M ycrexoB, BepOSATHOCTh KOTOPOro camasi GOJbIIAs CPeId BEPOSTHOCTEN.

Tak kak Tpu yBENTUYEHWU K BEpPOATHOCTHM  CHayaja BO3PACTAlOT, a 3aTeM, C
m

OIIPpCACIICHHOIO MOMCHTA, HA4YUHAIOT Y6I>IBaTI>, TO OJIA HUMCIOT MCCTO
COOTHOIICHUA

R, (M) > R, (M-1)
u

P.(M) > B, (M +1)

Ucnone3ys ¢opMyly U COOTHOUIEHHE p+q =1, MOIy4aeM COOTBETCTBEHHO

HEPABEHCTBA
(n—m+1)p=mq

(M+)g=(n—m)p

A

OKoHUaTeNbHO MoaydaeM, 4to M JIeKUT B UHTEPBAJIE €AUHUYHOMN JJINHBI:
np—g<m<np+p

OpnHako, CTOUT 3aMETHTh, YTO MCHOJb30BaHUE (opMysbl bepHymnu npu O0dbIIMX
3HAYEHUSIX /1 IOCTATOYHO TPYAHO, TaK Kak ¢opMyiia TpeOyeT BBIOTHEHUS ACHCTBHIA
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HaJl rpOMaJHbIMU YUCJIAMH.

Hanpuwmep, eciiu n = 50, k = 30,, p = 0,1, TO I OTBICKAHHS BEPOATHOCTHU

Py, (30)
50!

HaJI0 BBIYUCIIUTE BBIpaXXEHUE P5)(30) = w0120 rae50! = 30414093 - 10°7:30! =
26525286 - 102°:20! = 24329020 - 10",

Bonpocwt u 3a0anus.
1. Cxema ucnbiTanuii bepnyu.
2. ®opmyna bepuymm.
3. Hambonee BeposiTHOE unCIO ycriexoB B cxeme bepHymu.

3ananue 1. Monera Opocaercs msaTh pa3. HallTu BEpOATHOCTH TOrO, 4TO Open
BBINAJET 2 pa3a.

3aganue 2. B cembe 5 nereil. Hallth BEpOSATHOCTH TOrO, YTO Cpead HUX 2
MaJIbYMKa, €CIM BEPOSITHOCTh POKJICHHS Majbuuka paBHa 0,51.

BeposiTHocTh 00HapykeHHsI onevyaTku Ha cTpanuile KHuru paBHa 0,01. Haiitu
BEPOSITHOCTH TOTO, 4TO B 500-CTpaHMUYHON KHUTE HE OyJeT OOHApYKEHO OMNEeHaTOK
(oOHapykeHHEe OIeYaTOK Ha pPa3IMYHbIX CTpPaHHUIAX CYUTaTh HE3aBUCUMbBIMU
COOBITHSIMU ).

3amanue 3. BeposTHOCTH M3rOTOBIICHUS J€Talu BbIciiero coptra paBHa 0.4.
Haiitu BeposiTHOCTB TOTO, 4TO U3 260 AeTaneil mojioBrHa OYJET BBICIIETO COPTA.

3ananue 4. BeposSTHOCTh M3rOTOBJIEHUS U3/IENUs BhICIIErO0 KayecTBa paBHa 0,8.
Haiitu BeposiTHOCTH TOTO, 4TO Ccpenu B3AThIX 60 m3genuit 30 OKa)xyTCs BBICIIETO
Ka4eCTBa.

JlokanbHas Teopema Jlamnaca.Eciu eeposimuocms p noseieHus coovimus A 6
KaHCOOM UCNBIMAHUYU NOCMOAHHA U OMIUYHA OM HYJIS U eOUHUYDL, MO 8ePOSIMHOCb

Py (k) mo2o, umo cobvimue A nosuUmMcs 8 N UCNLIMAHUAX POGHO k pa3, npubIudCeHHO
pasHa (mem mouHee, uem Ooabule n) 3Ha4eHUu PYHKYuu

2
1 X k-np

1 1
y_ﬁ'ﬁe 2 —m-¢(x)npux— .

x?

1 —
NmeroTcst TabnMuIbl, B KOTOPBIX MOMELIEHBI 3HAaUeHUsI PYHKIUU ¢ (x) = = 2 IIpn

ATOM CIIEIyeT YUUTHIBATh, YTO ¢(—x) = ¢(x), TaK Kak PYHKIUS ¢(x) YeTHAS.
CremoBatellbHO, BEPOSTHOCTh TOTO, YTO COOBITHE A TOSBUTCS B 71 HE3aBHUCHMBIX
HCIBITAHUAX POBHO K pa3, MpUOJHMKEHHO paBHA

Pa(k) = 7= (),
e x = =P
AC X = —— 5

IIpumep 1. Haiitu BepossiTHOCTH TOTO, 4TO cOObITHE A HacTynuT poBHO 80 pa3 B 400
UCIBITAaHUSAX, €CJIM BEPOATHOCTH MOSIBICHUS ATOTO COOBITHSA B Ka)JIOM MCIBITAHUU
paBHa 0,2.
Pemenue. Ilo ycnoBuio n = 400; k = 80;p = 0,2; q = 0,8. Bocons3zyemcsi popmyroit
4.7):
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1 1
P400(80) ~ V300.0,2.0.8 : (p(x) - g : (p(x)'
BI)ILII’ICJII/IM OHpe,Z[eJ]HeMOG JAHHBIMHA 3a1a4U 3HAUYCHHUC X.
__k—np _ 80-400-0,2

x—Jn_q— 5 = 0.

ITo Tabaumne Haxoaum ¢(0) = 0,3989.
Hckomast BEpOATHOCThH paBHA

P40o(80) = = - 0,3989 = 0,04986.
Ilycts Tenepb TpedyeTcsl BBIYUCIUTH BEPOATHOCTH B,(ky, k,) TOro, 4ro coObITHE A
MOSIBUTCSL B 71 UCTIBITAHUSX HE MEHee k; U He Oolee k, pa3 (i1 KpaTKOCTH Oynem
TOBOPUTh «OT k; N0 k, pa3»). DTa 3aJada pelaercs C IMOMOIIbIO CIEAYyIOIIeH
TEOPEMBI.
HNurerpansuas teopema Jlannaca.Eciu geposmuocms p nacmynienusi coovimus A
8 KaAMCOOM UCHBIMAHUU NOCMOAHHA U OMAUYHA OM HYId U eOUHUysbl, mo
seposmuocme B, (kq, k,) mozo, umo cobvimue A nossumcsi 6 n UCHLIMAHUAX OM
k,00k,pa3, npubnusxcenno pagna onpeodeieHHOMy UHMe2Pany

1 xy 22
Pulles, k) ~ = [ e 7 dz,
k1—np k,—np
20ex, =—uUx, = .
L™ Unpg 72T npg

[Ipu pemenun 3amad, TpeOyOUUX MPUMEHEHHS MHTETrpaibHOM Teopembl Jlamnaca,

ZZ
MOJIB3YIOTCSl CIIEIUATIBLHOM TaOnuIei 71 mHTerpaia @ (x) = “zdz. B Tabnuie

1 X
7o €
JaHbl 3HaYeHUs] GYHKIHMH @ (x) I x = 0, a I x < 0 BOCTIOJIb3yeMCs HEUETHOCTBIO
byukIuu @(x), 1.6. @(—x) = —®(x). OyHKIUIO @(x) YACTO HA3BIBAIOT (HYHKYUell
Jlannaca.

I/ITaK, BEPOATHOCTL TOI'O, YTO coObITHE A TIOSIBUTCS B 77 HE3aBUCHUMBIX UCIIBITAHHUSIX OT

kl kz
0 2 pa3, paBHa

Py(ky, k2) = @(x3) — D(xq),
e x; = 9y, = K220

Vi N
IIpumep 2. BeposiTHOCTh TOrO, UTO OPTaHU3ALMSA HE MPOIIIa MPOBEPKY HAIOTOBOM
MHCIIEKINH, paBHa p = 0,2. Haiitu BeposiTHOCTH TOro, uto cpean 400 ciydaitHO
OTOOpAaHHBIX OpraHW3allid HE TMPOIIEANINX MPOBEpKYy okaxkercs ot 70 mo 100
OpraHu3alui.
Pemenue. [lo ycnoBuro n = 400; k; = 70; k, = 100; p =0,2; q = 0,8Bocnons3yemcs
dbopmyroii (4.9):

P400(70,100) = ®(x;) — D (xy).

BprauciauM HUOKHUANW U BEPXHUN NPEAEIbl UHTETPUPOBAHUSA:
__ki—np _ 70-400-0,2

X, = = = —1,25;
1™ /apqg ~ V4000,2:0,8 e
ky—np  100—400-0,2
Xy = 2P — = 2,5

Jopd V000,208
Takum 0O6pazom, umeem
P100(70,100) = ®(2,5) — @(—1,25) = ®(2,5) + ®(1,25).
[To Tabnuue 3HaueHnt PyHKINUU P (x) HAXOTUM
®(2,5) = 0,4938; &(1,25) = 0,3944.
Hckomast BEpOSTHOCTB paBHA
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P400(70,100) =~ 0,4938 + 0,3944 = 0,3882.
[lycth mpousBoauTCS N HE3aBUCUMBIX HCIBITAHUN, B KaXJIOM U3 KOTOPBIX
BEPOSITHOCTh TOSIBJIICHUSI COObITHS A paBHa p. [ ompenencHus BEpoOATHOCTH K
MOSIBJICHUI COOBITHS B 3TUX UCIBITAHUSAX UCHONIB3YIOT hopmyiny bepaymmm. Ecnu xe

n BCJIIMKO, TO IIOJIB3YIOTCA JIOKaJbHOM TCOpGMOfI Jlamnaca. OI[H&KO OHa JacT
(p=<0,1).
6OJII>HIy1-O MOTrpC€IIHOCTb, €CJIN BCPOATHOCTD COOBITHS Mana

n
Ecou cpaenmare gomyiieHue, YTO MPOU3BEICHUE P opu "% coxpaHser

np=A41
IIOCTOAHHOC 3HAYCHHE, a HUMCHHO , TO BEPOATHOCTh TOT'O, YTO IIPpU OYCHb

OOJIBIIIOM YHUCJIE UCIBITAHUHM, B KOKIOM U3 KOTOPBIX BEPOSTHOCTH COOBITHS OYEHBb
Masia, COOBITHE HACTYITUT POBHO K pa3, HaX0IUTCA O CIeAyromei hopmye:

X

P(K)=—e"

k!
Ota (opMyIia BbIpakaeT 3aKOH pacnpezaeneHus I/yaccona BEpOSITHOCTEN MacCOBBIX
(n BenMKO) M MAJIOBEPOSATHBIX (p Maio) coObITHH. VIMEIOTCS CrienaabHbIC TaOIUIIbI
1 pacnpenenenus Ilyaccona.
Ipumep 3. 3aBox ornpasBuin Ha 06azy 5000 xadecTBEHHBIX H3AeIUd. BeposTHOCTH
TOr'0, 4TO B IIyTH m3zAenue nospeaurcs, pasHo 0,0002. Haitu BEpOATHOCTH TOTO, YTO

Ha 0a3y npuOyayT 3 MOBPEKACHHBIX U3EIHS.
n =5000, p =0,0002,k =3 . 1
Pewenue. [1o ycnosuro . Haitnem

A =np=5000-0,0002 =1

Uckomas BeposiTHOCTH M0 opmyrie (5.2) paBHa:

1 1
Paooo (3) :ye ! :gzO,OG

PexomeH1yeMble UCTOUHUKHA HHPOPMAITHT
(Ne uctounuka)
OcHoBHasI JlonoHUTEIbHAS Metoanueckast WuTepHeT-pecypchl

1 1 1,2 1,2

IIpakTnuyeckoe 3ansitue 8.

Tema 3anamusn. CTaTUCTUUECKUE UCCIICIOBAHUS 3aBUCUMOCTEH.

Henv3anamun.3aKkpenuTh HABBIK MPOBEJCHUSI CTATUCTUUYECKUX HCCIETOBAHUM
3aBUCUMOCTEM.

B pe3yabTarte 0cBOeHMS TeMbI 00y4AKOIIUIICH OJI2KEH::

3HaTh: CYyIIHOCTh CTATUCTUYECKHUX UCCIICIOBAHUI 3aBUCUMOCTE.

YMeTh: HaxXOIUTh BEIOOPOUHBIN KOADOUITMEHT KOPPEISIIIH.

Baagern:
- CIIOCOOHOCTBIO K camoopranmu3anuu u camoodbpaszoanuto (OK-7); cmocoOHOCTBIO
U3MEpATh M COCTAaBJISTh OMUCAHUE MPOBOJUMBIX AKCIIEPUMEHTOB, MOATOTABIUBATH
JaHHBIE Il COCTaBJIEHUS 0030pOB, OTYETOB M HAYUHBIX MYyOIMKAUUN; BIaJEHUEM
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CTaTUCTUYECKUMU METOJIaMA M CpPEeACTBAaMU OOpabOTKH AIKCIEPUMEHTAITBHBIX
JaHHBIX MPOBeaeHHBIX uccienoBanuii (ITK-26)

Axkmyanvnocmbs memol. CTATUCTUYECKHE HCCIECIOBAHUS HCIOJIB3YIOTCS B
TEXHOJOTUYECKUX pACUETaX.

Teopemuueckasn yacmo.

KoppensimonHblid aHanW3 W PErpeCCUOHHBIA AHAIU3 SIBJISIFOTCS CMEXHBIMU
paszieliaMu MaTeMaTH4YeCKOW CTAaTUCTUKM M TpEeAHA3HAUYeHbl MJI M3Y4YEHHUS IO
BBIOOPOYHBIM JaHHBIM CTATUCTUYCCKON 3aBUCHMOCTU CIy4YaWHBIX BenuduH. [[Be
Clly4ailHble BETUYMHBI MOTYT OBITh CBSA3aHBI JIMOO (PYHKIIMOHAILHON 3aBUCUMOCTHIO,
MO0 CTaTUCTUYECKON 3aBUCUMOCTBIO, JINOO ObITh HE3aBUCUMBIMH.

Ecnum kaxaomMy BO3MOKHOMY 3HAUEHHIO CIyYailHOM BEJIMYHMHBI X COOTBETCTBYET

OJIHO BO3MOJKHOE 3HAY€HUE CIy4allHON BEIUYUHBI Y, 1o YHaseBaercs @yHryueti
caydanno2o apaymenmaX:

Y = ¢((X),
a 3aBHCHUMOCTb MEXIYy CIydYalHbIMH BeIuYMHaAaMu X W Y  Ha3bIBaeTcs
DYHKYUOHATLHOU 3A8UCUMOCTIBIO.

Crporas (yHKIMOHAIbHAs 3aBHCHUMOCTb PEAM3yeTCsl PEAKO, TaK Kak o0e

BEJIMYMHBl WIM OJHA U3 HUX IOABEP)KEHBbI €LIE JNEHCTBUIO CIy4YalHBIX (PAaKTOPOB,
MIPUYEM Cpeu HUX MOTYT OBITh M OOIIue JJisi 00€UX BEJIUYHUH, T.€. Takue (aKTOpHI,
KOTOpbIE BO3JCHCTBYIOT KaKk Ha X, Tak M Ha Y. B 3ToM ciy4ae BO3HHKaeT
CTAaTUCTUYECKAsA 3aBUCUMOCTb.Cmamucmuyeckou Ha3bIBA€TCA 3aBUCUMOCTb, IIPH
KOTOPOW U3MEHEHUE OJTHOW W3 BEJIMYUH BJICUET U3MEHEHHUE PACIPENCIICHUS APYTOM.
YacTHbIM cCllyda€M CTaTUCTUYECKOW 3aBUCHUMOCTH SIBJISIETCSI KOPPEALIMOHHAS
3aBUCUMOCTb.
Ecnu cratuctuyeckast 3aBUCMMOCTD MPOSIBISETCS B TOM, YTO IIPU U3MEHEHUU OJHOU
13 paccMaTpUBAEMbIX CIIyYaWHBIX BEJIWYMH HU3MEHSETCS CpEIHEE 3HAYEHUE APYrou
CIIy4YalHOW BEJIWYMHBI, TO Takasd CTAaTHUCTHYECKas 3aBUCUMOCTb Ha3bIBACTCA
KOppesyuoHHOU.

[IpuBenem nmpuMep ciry4aiiHOM BEJIMYMHBI Y, KOTOpas HE CBA3aHA C BEJIUYMHOMN
X (yHKIMOHAJIBHO, a CBA3aHA KoppessiuuoHHO. Ilycth Y — ypoxkail 3epHa, X —
KoJu4ecTBO yAoOpeHuil. C 0AMHAKOBBIX MO TUIOUIAJAM YYaCTKOB 3€MIIM MPHU PaBHBIX
KOJIMYECTBAX BHECEHHBIX YIOOPEHHI CHUMAIOT pPa3du4HbIA Yypokaid, T.e. Y He
aBisieTcsl QyHKIUEH OT X. DTO OOBACHSETCS BIMSIHUEM CITy4alHbIX (DAKTOPOB, TAKUX,
KaK OcCaJlKu, TemIiiepatypa Bozayxa u Ap. C apyroil CTOpPOHBI, CPEIHUN YpOKaii
ABIsieTCs (QYHKIIMEH OT KOJIMUYECTBa YIAOOPEHUH, T.€. Y CBSI3aH C X KOPPEJSALHMOHHOM
3aBUCHMOCTBIO.

Venosuvim cpeonumy, HaspIBaeTCs cpeaHee apuMEeTHIEeCKOe HAOIIOAaBITHXCS
3HA4YeHUN Y, COOTBETCTBYHOIIMX X = x. Hampumep, ecnm npu x; = 2 BenuuuHa Y
NpUHSIA 3HAYCHUSA y; =5, y, =6, y3 =10, TO YCIOBHOC CpEIHEC PABHO Y, =
(5+6+10)/3=7.

Ycnosnvim cpeonumx, Ha3pIBaeTCs CpeaHee apuPMETHIECKOE HAOIIOAABIINXCS
3HAYEHUU X, COOTBETCTBYIOIIUX Y = y.

Kak BUIHO M3 onpeneseHus, yCI0BHOE CpelHee Yx apnsercs (ynkumeit ot X;
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0003HauMB 3Ty QYHKIHIO Yepe3 f(x), MOTy4YUM ypaBHEHHE

Ve = f ().

DTO ypaBHEHHME HA3bIBACTCS 6bIOOPOUHBIM YpasHeHuem pecpeccuu YHa X,
byukius f(x) Ha3BIBACTCA 6bI00pOUHOU pezcpeccueli Yha X, a ee Tpapuk —
8b100poUHOU TUHUEl pecpeccun Y Ha X.

AHQJIOTUYHO YpaBHEHUE

J_Cy = (ﬁ(y )
Ha3bIBACTCS 8bIOOPOUHBIM YypasHeHuem peepeccuu X Ha Y; GyHKIUA ¢(y) Ha3bIBacTCS
evlOopouHoll pecpeccueti X Ha Y, a ee rpadK — 8b100pouHOlU TUHUel pecpeccuu X HA
Y.

B cBs3UM ¢ BBIIEU3TI0KEHHBIM BO3HUKAKOT JBE 3a/la4d TEOPUU KOPPEIALUU.
[epBasi — Hax0X/ICHHUE MO JAHHBIM HAOJIOICHUI MapaMeTpoB GYHKIUH f(x) U ¢(y)
Py yCJIOBUH, YTO W3BECTEH MX BHJ. BTopas — oneHka cuibl (TECHOTHI) CBS3H
MEXAY CIIy4YalHBIMU BEJIMYMHAMHU XU Y W YCTAHOBJIEHHUE HAIWYUSA KOPPEISIHIUOHHOU
3aBUCUMOCTH MEX]1y STUMH BEIIMYMHAMM.

ITycTh n3yyaeTcs CUCTEMA KOJNMYECTBEHHBIX MPU3HAKOB (X,Y). B pesynsrate N
HE3aBUCHUMBIX OIIBITOB OJYYEHBI n rap yucemn (xq,y1), (x2,¥2), .., (Xn, Yn)-
Haiinem mo naHHbIM HaOJIIONEHUM BBHIOOPOYHOE ypaBHEHHUE MPSIMOW JMHUU
perpeccuu. [l onpeneneHHOCTH OyeM UCKaTh ypaBHEHUE
Ve =kx+b
perpeccuu Y Ha X.
[TockonbKYy pa3auyHbIC 3HAYEHHUS x MPU3HAKA X W COOTBETCTBYIOIIHUE WM

sHavenus Y MpU3HaKa Y HaOJII0JaINCh MO0 OJHOMY pasy, TO TPYNIIUPOBaTh TaHHbBIE
HEeT HeoOXomuMmocTd. Takke HeT HaJO0OHOCTH HCIIOJIb30BaTh IOHSATHE YCIOBHOM
cpeaHel, mo3ToMmy ypaBHeHue (14.3) MOXKHO 3amucaTh CIASAYIOITUM 00pa3oM:
y=kx+b.
VYrnoBori KO3(GOUIMEHT NPSIMOM JIUHUU perpeccur Y Ha X Ha3bIBaeTCs

8b1O0POUHBIM KO Puyuenmom peepeccuuY Ha X W 0003HAYACTCS dYepes P yx,
CrnenoBaTelIbHO, HCKOMOE BBIOOPOYHOE YpaBHEHHE MPSAMOH JIMHHM PErpecCHH Y Ha

X CJIEAYET UCKATh B BULE
Y =pyX+b

Hy>XHO HalTH TaKWe MapaMeTPhl py U b,, IPH KOTOPBIX TOYKU (X1,¥1), (X2, ¥2),

ey (Xy, V), TOCTPOCHHBIE TIO JIAHHBIM HAOIIOJCHUM, HAa TUIOCKOCTH Xoy JIeKaAJIA KaK
MOYHO OJIMKE K TIPSIMOM.

VCTIOJIb30BAHMKA JTOTO METOJIa CyMMa KBaJApaToB OTKIOHEHUUY; —y; (i =
1,2, ...,n), 7A€ Y; — BBIYKCIIEHHAs 110 ypaBHeHUIo (14.5) opauHaTa, COOTBETCTBYIOIIAS

Ha0JII0/1aeMOMY 3HAUYEHUIO x;, a y; — HaOJI0jaeMasl OpJiuHaTa, COOTBETCTBYIOIIAs Xi
, JOJDKHA OBbITh MHHHMAJIbHOM. Tak Kak KakJgoe OTKJIOHEHHE 3aBHUCUT OT
OTBICKMBAEMBIX TMapaMEeTPOB, TO M CyMMa KBaJapaTOB OTKJIOHCHUH €CTh (YyHKIIHS
ATHUX MMAPAMETPOB:
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n
F(p,b) = Z
i=1
NJin
I[JBI OTBICKAHUA MI/IHI/IMYMa HpI/IpaBHHeM Hy.]'IIO COOTBeTCTBYIOH_II/Ie YaCTHBIC
MIPOU3BOIHBIE:

oF
{% =23 (px; +b—y)x; = 0.
Pemms 3Ty cucTeMy JBYX JHMHEHHBIX YpaBHEHHI OTHOCHUTENILHO p M b, Haiijem
HUCKOMBIC HapaMeTpLI:

Pyx = MTTy Xy — Xieq % - Diea )/ (T, xF — (B, %)),
b= %l Xy — Ziea X Xiea %Y/ (B, xf — (B x)?).
AHaOTMYHO MOKHO HATH BRIOOPOYHOE YPABHEHUE NPSIMOM JIMHUU PETPECCUU
XHaY:
Xy = Pxyy t €,
TJI€ Py, — BBIOOPOYHBIN KOI(GPUIMEHT perpeccun X Ha Y.

IIpumep 1. Hailitu BbIOOpOUYHOE ypaBHEHHE MPSAMON JIMHUK PErpeccuu Y Ha X 10
JIAHHBIM n = 5 HAOJIIOICHUN:

TaObaumal.
X; 1,00 1,50 3,00 450 5,00
Yi 1,25 1,40 1,50 1,75 2,25

CocTaBuM CIEAYIONIYI0 PACYETHYIO TaOIHUILY 2.
Hatimem nckomple mapameTpsl U3 cootHoteHu (14.9) u (14.10):
pyx = (5-26,975—-15-8,15)/(5- 57,5 — 152) = 0,202;
b =(57,5-8,15—15-26,975)/(5- 57,5 — 15%) = 1,024,
Hanumem nckomoe ypaBHeHHE IPSIMOM JIMHUU PETPECCUU Y na X:
y = 0,202x + 1,024.

TaOnuma?2.

X Yi X/ XY
1,00 1,25 1,00 1,250
1,50 1,40 2,25 2,100
3,00 1,50 9,00 4,500
450 1,75 20,25 7,875
5,00 2,25 25,00 11,250

n n n n
2
Z X; Z Yi Z X; Z X Yi
=1 =15 =1 =8,15 i=1 =57,50 | i<l =26,975

37



[Ipu OosnblioM 4Yuciae HAOMIOACHUNA OJHO U TOXKE 3HAUYCHHE X MOXKET
BCTPETUTCS n,, pa3, OJHO U TOKE 3HAYCHHE y — n,,pa3, OAHa U Ta )K€ mapa 4ucen (x,y)
MOKET HabII0AaThCA nyy, pa3. [loaToMy naHHbIE HAOMIOAEHNH CIIETyET IPYIITUPOBATh,

n, N, n
JUTS ATOTO TIOJICYMTHIBAIOTCSA 4acTOThl X, Y, XY, Bce crpynmupoBaHHBIC TaHHBIC
3aIIUCHIBAIOTCS B BUJIC TAOJIHUIIBI (Hanpumep, Tabnuia 3), Kotopas
HA3BIBACTCS KOPPENAYUOHHOU.

Tab6nuira3.
X
Y 10 20 30 40 y
0,4 5 — 7 14 26
0,6 — 2 6 4 12
0,8 3 19 — — 22
n, 8 21 13 18 n==60

B nmepBoil cTpoke KOppENsSUMOHHOW TaONMIbl  YKa3aHbl HAOII0JaeMble
sHauenust (10; 20; 30; 40) mpuzHaka X , @ B TIEPBOM CTOJIOIIE — HaOJI0gaeMbIe
sHavenus (0,4; 0,6; 0,8) npuzHaka Y  Ha MIEPECCUCHUH CTPOK M CTOJIOIIOB HAXOSATCS

YaCTOTBI Ny Ha0II0JaeMbIX Nap 3HAYEHHI MPU3HAKOB.

B nocnegnem cronlue 3amMcanbl CyMMBbI 4YaCTOT CTPOK, a B TIOCIEHEN CTPOKE
— CYMMBI 4acTOT CTOJOLIOB. B kieTke, pacnoyio)KeHHOW B HMXKHEM MPABOM YIIIY
TabMUIBI, TTOMEIIEHa CyMMa BCeX YacToT, T.e. oOliee yncio Bcex HabmomeHumi .
OueBuaHO, YTO YN, = Y1, = n.

Teneps omnpenenauM mMapaMeTpbl BbIOOPOYHOTO ypaBHEHHUS MPSMON JMHUU
perpeccuu Y wma X B cilly4yae, KOrja IOJy4eHO OOJIbIIOE YHUCIO JaHHBIX
(IpakTUYeCKU MJisi YJIOBJIETBOPUTEIHbHON OLIEHKHM HMCKOMBIX MapaMeTpoB JOJHKHO
ObITb x0T Obl 50 HaOmoAeHWi), Cpead HHUX €CTb MOBTOPSIONIMECS, U OHHU
CTPYNIIUPOBAHBI B BUE KOPPEISUOHHON TaOIHIIBI.

N3 cucremsl (14.8) MOKHO MOTYYHUTH CIEAYIOIIYIO CUCTEMY:

{pyx izt xi2 + b Y X = Xitq XiYi.
JIJIst POCTOTHI MPUHSIB 0003HAYCHUS Y X = Y1y Xi, DY = Y Vi, x2 =Y x2, Y xy =
" ,x;y; ¥ BOCIIOJb30BaBIINCh COOTHONICHHSIMH X =Y xn, y =xyn, x2=Yx?n,
XXy = X nyxy (B IIPEANOJOXKEHUH, YTO napa 4ucen (x,y) HaOmomamachk ny, pas),
MoJIy4aem
{nx_zpyx + nxb = Y nyyXy.
Bropoe ypaBnenue cucremsl (14.13) npeobpasyeM Kk BUILY b = y — Xpy, U NOACTABUB
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IPAaBYI0 4YacTh DTOIO PABEHCTBA B YPABHEHME Y, = Py X + b, IOIYYUM CIIEIYIOLIEE
COOTHOIIIEHUE

V=Y = pyx(x — X).
HaiJIEM U3 CUCTEMBI BBIOOPOYHBIN KOI(Q(UIMEHT PETPECCHH pyy .

__ L NygyXy—nxy

Pyx = - .
YMHOkKHM 00€ 4aCTH 9TOT0 PaBEHCTBA HA IPO0b 6+ /6y

Gx _ X NyyXy—nxy

Sy - Nex Gy )
O0603Ha4YnM TIpaByIO YacTh paBeHcTBa (14.15) yepes r,:
_ anyxy_nxj/

a noxe,

Pyx

[4:]

Torma nomyuaem
Sy

=N
pyx B &x

OKoOHYATENBHO MOJIYYUM BBIOOPOYHOE YpaBHEHHUE MPSIMOM JTMHUU perpeccuu Y Ha X
BUIA
- - Gy -
Ve =y =13 (x—%).
X
AHaIOTUYHO MOKHO HaWTHU BHIOOPOYHOE YPAaBHEHHE MPSIMON JIMHUU PETPECCUU X

ma Y

5= -9)

Bonpocwt u 3a0anus.
1. Merton HaMMEHBIIIUX KBAIPATOB.
2. Koppensimonnas tabnuiia.
3. BwibopouHoe ypaBHEHHE IPSMOI JIMHUU PETPECCHUMU.

3amanue 1. Haiitu BBIOOpOYHOE ypaBHEHHME MPSIMOW JIMHUU perpeccuu Y Ha X TIO
JAHHBIM, IPUBEIEHHBIM B CJIEYIOLIEH Ta0JIULIE:

Y X n,
20 25 30 35 40

16 4 6 - - - 10

26 - 8 10 - - 18

36 - - 32 3 9 44

46 - - 4 12 6 22

56 - - - 1 5 0

n, 4 14 46 16 20 n =100
3amanue 2. Haiitu BEIOOpOYHOE YpAaBHEHHUE PETPECCUU Y, = AX +Bx+C 10 JTaHHBIM,
MPUBEIEHHBIM B CJICAYIONICH KOPPEISIITMOHHON TabuIIe:

Y X n,
2 3 5
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25 20 - - 20

45 - 30 1 31
110 - 1 48 49
n, 20 31 49 n =100

Bonpocwt u 3a0anus.

3aaun KOPPEISIUUOHHOIO U PErPECCHOHHOIO aHAIN3A.
Kakas 3aBHCMMOCTBHA3bIBAETCS CTATUCTHYECKOM.
Br160pouHbIii KOAPGUITUEHT PETPECCHH.

Bb100poUHOE ypaBHEHHE PETPECCHH.

> wh e

PexomeH1yeMble HCTOUHUKH UHPOPMALIUU
(Ne uctounuka)
OcHoBHas JlononHurenpHas Meroaunueckas NHuTepHeT-pecypcesl

1 1 1,2 1,2

IIpakTnyeckoe 3ansitue 9.
Tema 3anamusa. CraTucThuyecKkas rumnore3a. MeToabl CTaTUCTHYECKON
MIPOBEPKH TUIIOTE3.
ILens 3anamusn. 3aKkpenuTh METOAbI CTATUCTUYECKON MPOBEPKU TUIIOTE3.
B pezynomame oceoenusn memot 00yuaroumuiica 001x4cen:

3HaTh:

- METOJbl CTAaTUCTUYECKOW TMPOBEPKU THUIIOTE3, THUIOTE3Y O PABEHCTBE
TE€HEPAIbHBIX CPEAHUX.

YMmeTh:

- IPUMEHATh METOAbI CTATUCTUYECKON TPOBEPKU TUIIOTE3.

Baanern:

- CNIOCOOHOCTBIO K caMOOpraHm3anuu u  camooOpasoBanuio (OK-7);
CIOCOOHOCTBIO M3MEPATh M COCTaBISATh OMHCAHHME MPOBOJMMBIX 3KCIIEPUMEHTOB,
MOJrOTAaBIUBATh JaHHbIE [UIsI COCTaBJI€HHA O030pOB, OTUETOB M HAyUYHBIX
myOMuKaruii; BIAJCHUEM CTATUCTUYECKUMU METOJaMU U CPEACTBaMU 00pabOTKU
SKCIICPUMEHTAIBHBIX JaHHBIX MPOBeaACHHBIX nccienoBanuii (ITK-26)

Axmyanvnocms memvi. MeTOAbBl CTAaTUCTUYECKOW IPOBEPKUM  THMIIOTE3
HCIIOJIB3YIOTCSl B TEXHOJIOTMYECKUX PACUETaX.
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Teopemuueckan uacme.

[Iycte  TpeOyercs  ompeneiauTh 3aKOH  paclpeiesieHus  T'eHepajbHOM
COBOKYIIHOCTH W Ha30BeM ero A. Ecim 3akoH pacrpelesieHuss HEU3BECTEH, HO
HMMEIOTCSI OCHOBAHUSI TIPEANOJIOKUTh, YTO OH UMEET OINPEICTICHHBINA BUJI, BHIJIBUTAIOT
TUIIOTE3Y: TeHepajbHasi COBOKYIMHOCTh pacipeseneHa mo 3akony 4. Takum oOpazom,
B 3TOM rMIIOTE3€ PeUb UJIET O BUJIE MPEATIOIAraeMOr0 paclpeaesICHUS.

Bo3mokeH ciydaid, KOrja 3aKOH paclpeleieHus] U3BECTEH, a €ro MmapaMeTpsl
HeU3BEeCTHBI. ECIM €cTh OCHOBAaHMS MPENINOJIO0XKUTh, YTO HEU3BECTHBIN MapameTp @
paBEH ONpENECICHHOMY 3HAUYE€HHUIO 6,, TO BBIIBUTaAIOT TUNOTE3y: O = 0,. Takum
oOpa3oM, B 3TOW THUIIOTE3€ peyb HJET O MpPEANoJiaracMoll BeIUYHHE MapameTpa
OJIHOTO U3BECTHOT'O PACIIPEACIICHHUS.

Cmamucmuueckoti Ha3bIBAETCS TUIIOTE3a O BUAE HEM3BECTHOTO pacHpeaesieHus
WIM  TUNOTE3a O IapaMeTpax M3BECTHBIX  pacmpeaeneHuil.  Hampumep,
CTaTUCTUYECKUMH SIBJISIFOTCS TUTIOTE3BI:

1) reHepaigbHas COBOKYIHOCTh pacrpejiesicHa mo 3akony IlyaccoHa;
2) IHCIEPCHH JIBYX HOPMAIBHBIX COBOKYITHOCTECH paBHBI MEXTy COOOM.

B nepBoil rumorese clIenaHO MPENOJIOKEHUE O BUIAE HEU3BECTHOIO
pacnpeneneHus, BO BTOpOi — O MmapaMeTpax JIByX U3BECTHBIX pacIpeiesICHUN.

Hynesotui (ochoenot) Ha3bIBa€TCs BBIABUHYTAs rUnoTe3a H.

Kouxypupyroweu (anoemepnamuenoti) Ha3bIBa€TCS THUIOTE3a 1, xoropas
IIPOTUBOPEYUT HYJIEBOM.

Hampumep, ecnm HyneBasg TIMIOTE3a COCTOMT B MPEIIIOJIONKEHUH, YTO
MaTeMaTUdecKoe OKMAaHHe A HOpPMalbHOro pachpeneleHus pasHo 10, To
KOHKYPHUPYIOILAsl TUIIOTE3a MOXET COCTOATH B MPEAIOJIOXKEHUH, 4TO a # 10;  T.e.
Ho:a = 10; Hyta # 10.

IIpocmou Ha3pIBaeTCs TUIOTE3a, COAEprKallas TOJBKO OJIHO MPEANOJIOKEHHUE.
Hanpumep, runoresa H,: MaTeMaTH4eCKOe OKUJAAHHE HOPMAIBHOTO PaCIpEeICHHUS
paBHO 3 (0 U3BECTHO) — MPOCTasl.

Croorcnou  HaA3bIBAETCA THUIIOTE3a, KOTOpAass COCTOMT M3 KOHEYHOTO WU

OECKOHEUHOI'0 YHuciia MPOCThIX rumnotre3. Hampumep, ciokHas rumores3a H:a>s
COCTOMT M3 OCCUMCICHHOTO MHOXKECTBA MPOCTHIX THUIOTE3 BUAA H;:A = b;, TA¢ b; —
1r000€e Ynciio, 0oJbIee 5.

BrinBuHyTas rumore3a MOXET ObITh MPABUIHLHOW WM HEMPABWILHOW, TIOITOMY
BO3HHMKAET HEOOXOAMMOCTb cmamucmuieckot (IPOU3BOAUMON CTAaTUCTUYECKUMHU
METO/IaMH1) IPOBEPKH ATOU TUIIOTE3bl. B UTOTE CTaTUCTUYECKON TTPOBEPKU TUIOTE3bI
MOTYT OBITh JJOTYIIEHBI OUTHOKH.

Owubka nep8oco poda COCTOUT B TOM, UTO OyJET OTBEPrHyTa MpaBUIIbHAs
TUIIOTE3a.

Owubka 6mopozco poda COCTOUT B TOM, UTO OyJIeT MPUHATA HENpaBUIbHas
TUTIOTE3a.

JIisi pOBEpKM HYJIEBOW THIIOTE3bl HCIOJIB3YETCs CIEUUAIbHO MOJ00paHHAs
Cly4yaliHasi BeJIMYMHA, TOYHOE WIM NPHUOIMKEHHOE paclpeesieHHe KOTOPOM
U3BECTHO. JTa ciyyailHas BeauyuHa oO0OoO3Ha4aeTcss 4Yepe3 K U Ha3bIBaeTCs
cmamucmuyeckum Kpumepuem (WM IIPOCTO Kpumepuem).
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[IpuBenem nmpuMep CTaTUCTHUECKOTO Kputepus. Eciin mpoBepsieTcst ruroresa o
PaBEHCTBE JMCIIEPCUM JIBYX HOPMAJbHBIX T€HEPaJIbHBIX COBOKYIIHOCTEH, TO B
KauecTBE KpUTepUs K TIPUHUMACTCS OTHOIICHHE MCIPABICHHBIX BBIOOPOUYHBIX
TIACTICPCUU:

F = s2/s2.

Habnwoaemvin  3Hauenuem K i Ha3bIBACTCSI ~ 3HAYEHUE  KpUTEpHs,
BBIUMCIICHHOE M0 BbhIOOpkKaMm. Hampumep, ecnu mo AByM BBIOOpKaM HaWJIeHBI
WCIIPaBJICHHBIC BHIOOPOYHBIE AUCTIEPCHA sf = 20 U s7 = 5, TO HAOIIOaeMOe 3HAUCHHE
KpuTepus F paBHO

Fian = 512/522 =20/5 = 4.

[Tocre BbIOOpa OMpeAEeNEHHOTO KPUTEPHs MHOMXKECTBO BCEX €r0 BO3MOXKHBIX
3HaYeHUI pa3duBaeTcs Ha JBa HEMEPECEKAIOMIMXCS MOAMHOXKECTBA: OJHO W3 HHUX
COJICPKUT 3HAUCHHUS KPUTEPHs, TIPU KOTOPHIX HyJEBas TUIOTE3a OTBEPraercs, a
Jpyrasi — IpH KOTOPBIX OHA MPUHUMAETCH.

Kpumuuecxoii ob61acmvio Ha3bIBa€TCS COBOKYITHOCTh 3HAUCHUU KPUTEpUs, MPU
KOTOPBIX HyJIeBasi THUIIOTE3a OTBEPIaeTCsl.

Obnacmvio  npunamusi  eunome3svl  (00JACTbIO  JOMYCTUMBIX  3HAYCHHI)
HAa3bIBACTCSI COBOKYITHOCTh 3HAYEHUN KPUTEpHUsi, NMPU KOTOPBHIX HYJIeBas TUIIOTE3a
MIPUHUMACTCH.

[lockonbky kpurepuid K — OJHOMEpHas CllydailHas BEIMYMHA, BCE €€
BO3MO>KHBIE 3HAUCHUS MTPUHAATIEKAT HEKOTOpOMY HHTepBaiy. [loaToMy KpuTHUeckas
o0jacTb W 007acTh MPUHATHUS THUIOTE3bl TaKXKe SBISIOTCSA WHTEpPBATAMU W,
CJIEIOBATENLHO, CYIIECTBYIOT TOYKH, KOTOPHIE HX Pa3IesIOT.

Kpumuueckumu mouxamu (TpaHALAMH) k,, Ha3bIBAIOTCA TOYKH, OTAEIIAIOLINE
KPUTHUYECKYIO 00JIaCTh OT 00JaCTH MPUHATHS TUTIOTE3HI.

Ilpasocmoponneii  Ha3pIBaeTCsl  KpUTHYeckas  o0jacTh,  ompezenseMas

HEPABECHCTBOM K > ky,, TAC k, — MOJIOKUTEIIBHOEC YUCIIO.

L > U
n B
Puc.1.
JlesocmoponHeti  Ha3bIBae€TCSl  KpUTHYECKass  00jacTh,  ompenelsemas
<k, .
HEPABEHCTBOM P roe P — OTpULATEILHOE YHUCIIO.
L > v
n
Puc.2.

OonocmopoHHell  HA3bIBAETCSI  NMPABOCTOPOHHSIST WM JIEBOCTOPOHHSA
KpUTHUYECKast 00J1aCTb.

Jleycmoponneti Ha3bIBACTCS KpUTUYECKas 00J1aCTh, omnpenensaemas
HEepaBeHCTBaMU K < ky, K > k,, tne k, > k,;. B yacTHOCTH, €CIIN KPUTUUECKUE TOUYKHU
CUMMETPUYHBl ~OTHOCUTEIBHO HYJs, JBYCTOPOHHSISI KpUTHYECKas 00JiacTh
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ompeeieTcsl HEpaBeHCTBAMU (B MPEANONIOKEHUH, YTO K < —ka) K<-kgy K>k

WJIM PAaBHOCHJIBHBIM HEPABEHCTBOM |K| > ki, .

Kp? Kp?

L 4 > |

n ]

Puc.3.

JIns HaXOXJEHUS KPUTHYECKOM OO0JacTH JOCTAaTOYHO HAUTH KPUTHYECKYIO
TOUYKY (TOukH). JIJI1 HAXOXKIEHUS K€ TAKOW TOYKHM 3a/1aeTCsl JOCTATOYHO Majasi
BEPOATHOCTL — JPO6EHb 3HAYUMOCMUQ. 3aTE€M KPUTUYECKAas TOYKa k, MIIETCA
UCXos u3 TpeOoBaHMS, YTOOBI MPU YCIOBUHU CHPABEIIMBOCTU HYJIEBOW THUIIOTE3BI
BEPOSITHOCTh TOTO, YTO KpUTEpUH K TPUMET 3HAYEHUS M3 KPUTHUECKOW 00JacTH,
ObL1a paBHA MPUHATOMY YPOBHIO 3HAYMMOCTH.

Hanpumep, 17151 mpaBOCTOPOHHEN KPUTUYECKOM 00JIACTH JTOJKHO BBIIOJIHATHCS
COOTHOILLIEHHE

P(K > k) =a,
IU1s1 JIEBOCTOPOHHEN —
P(K <kgy)=a,

a U1l IBYCTOPOHHEN —

P(K <ky)+P(K >k, =a.

JUTst Kaxa0ro KpUTEpUs UMEIOTCA COOTBETCTBYIOUIUE TAOJIULIBI, IO KOTOPBIM H
HaXOJUTCS KPUTHYECKAsA TOUYKA.

Ecnu pacnipenenenue kpureprs CAMMETPUYHO OTHOCHUTENIBHO HYJISL U UMEKOTCA
OCHOBAHHs BBIOPAaTh CUMMETPHYHBIE OTHOCUTENBHO HYIIS TOUKH —ky, U ki, (ki > 0),
10 P(K < —k,) = P(K > k). YUUTBIBasi 9T0 COOTHOILIEGHUE, U3 JUIS ABYCTOPOHHEH
KPUTHYECKON 001aCTH MOJyYUM COOTHOILICHHUE

P(K > k) = a/2.

Mownocmovlo Kpumepus Ha3bIBAETCS BEPOSTHOCTH IIONAJNAHUA KPUTEPUS B
KPUTHYECKYIO 00JIaCTh MPH YCJIOBHUHU, YTO CIIPABEAJIMBA KOHKYPHUpPYIOIIas TUIOTe3a.
JpyruMu CJI0BaMH, MOIIHOCTb KPUTEPHUSA €CThb BEPOSTHOCTb TOIO, YTO HYJEBasd
runoresa OyJeT OTBEprHyTa, €CIM BEpHA KOHKYpHUPYIOLIas TUIOoTe3a.

[lycTh ni1a mpoBEpKU TUIIOTE3BI PUHST ONPEIEIICHHBIA YPOBEHb 3HAYUMOCTH, U
BBIOOpKA nMeeT (PMKCUPOBAHHBIN 00beM. Eciiu B — BEpOSATHOCTh OIIMOKK BTOPOTO
pona, T.e. COOBITUSI «IpPUHSATA HyJeBas TUIOTE3a, NPUYEM CIPABEAJIMBA
KOHKYPHPYIOIIAs», TO MOIIHOCTh KPUTEPHUs paBHa 1 — f.

[TycTh MOIIHOCTB 1 — 8 BO3PACTAET; CIENOBATENBHO, YMEHBIIAETCS BEPOSATHOCTD
B cOBEpIIUTH OMMOKY BTOpOro poja. Takum oOpa3oM, 4eM MOIIHOCTh OOJIbIlIE, TEM
MEHBIIIE BEPOSITHOCTH OLIMOKH BTOPOTO POJIa.

Wtak, ecnu ypoBeHb 3HAUMMOCTH YK€ BBIOpPAaH, TO KPUTHYECKYIO 00JIacTh
CIIEIyeT CTPOUTHh TaK, YTOOBI MOIIHOCTh KpUTEpHsl Oblla MaKCHMaJbHOU. OTO
MO3BOJINT MUHUMHU3UPOBAThH OLIMOKY BTOPOIO POJa.

Jlanee Ham notpeOyeTcst pacnpenenenne Gumepa — CHenekopa.
Eciu U mu V — He3aBUCHMBIC CIy4dailHbIe BEJIWYHMHBI, PACIpEACTCHHBIE I10
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3aKOHY y? CO CTENEHSMHU CBOOOIBI k, U k,, TO BEIMUUHA
_U/ky
" V/k,
MMEET pachpeiesieHue, KOTOpoe HasbIBaeTCsipacnpeoenenuemF Quwepa —
CHedekopa €O CTETeHSIMU CBOOOABI kq U k.
OyHKIMSA TIOTHOCTH 3TOTO pacpe/iesieHuss UMEeT BU/T
f(x) = {Onpux < 0,

rie
Cy = r(lizrkz)k1k1/2k2k2/2
I'(ky/2)T(k2/2)
Pacnpenenenue F ompenenserca AByMs MapaMeTpaMu — YHCIAMH CTEIeHEH
cBOOOJEI k, U k.
[TycTs TeHepajbHbIE COBOKYIIHOCTH X W YpachpeaelieHbl HOPMAJIBHO, MPHYEM
HUX AUCIICPCUU U3BCCTHHI. I1o HE3aBUCUMEBIM BBI60pKaM C O6’BeMaMH, COOTBCTCTBCHHO

pPaBHBIMHU ny; MU m, U3BJICYCHHBIM H3 3THX COBOKYHHOCTeﬁ, HaﬁﬂeHBI BBI60pO‘IHBI€

cpenune X u y, TpeOyeTcss 10 BBIOOPOYHBIM CPEIHUM IIPU 3aJJaHHOM YpPOBHE
3HAYMMOCTH & MPOBEPHUTH HYJICBYIO THIIOTE3Y, COCTOSIIYIO B TOM, YTO FeHEpaIbHbIE
cpenHHE (MaTeMaTHYEeCKUE OXKHMJIAHMS) PacCMAaTPUBACMBIX COBOKYIHOCTCH pPaBHBI
MEXK]Ty COOOM:
Hy:M(X) = M(Y).

Y4uuThiBas, 4TO BBIOOPOYHBIC CPEIHHE SIBJISFOTCS HECMEIICHHBIMH OICHKAMM

T'CHEPAJIbHBIX CPEAHMX, T.C.
M) =MX), M) =M(Y),

HYJICBYIO THIIOTE3y MOYKHO 3aIliCaTh TaK:

Ho:M (%) = M(y).

B kauecTBe KpUTEepHUs MPOBEPKH HYJICBOW THITOTE3bI O PABEHCTBE MEHEPATBLHBIX

CpeaHUX NPUHUMACTCSI HOpMHUPOBaHHAsI HOpMabHast cnyqaﬁHaﬁ BEJIMUMHA
_ x-y
Z JDX)/n+D(Y)/m’

Kpurtnueckast o6iactb CTpOUTCS B 3aBUCMMOCTH OT BHUJA KOHKYpPUPYHOUIEH
TUITOTE3BI.

IlepBeiii cimywaii. HyneBas rtunoreza H,:M(X) = M(Y). KoHkypupyromas
runore3a Hy:M(X) #= M(Y).

B sTOM cnyyae cTpouTCs BYCTOPOHHSISI KpPUTHYECKas O0JacTh, UCXOIS U3
TpebOBaHMs, YTOOBI BEPOSTHOCTh TMOMAJaHUS KpUTepus Z B 3Ty 00JacTh B
MPEIOJIOKEHUN CHPABEIJIMBOCTH HYJIEBOM TUIOTE3bl OblIa paBHA MPUHATOMY
YPOBHIO 3HAYUMOCTH Q.

IlockonbKy pacmnpenesieHMe Z CHMMETPUYHO OTHOCHUTENIBHO HYJSA, TO
KPUTHYECKHE TOYKHM CUMMETPUYHBI OTHOCUTEIBHO HYJIA, T.€. €CJIM 0003HAYUTh Yepes
Zyp IPABYIO0 KPUTHYECKYIO TOUKY, TO —Z,, OyJ€T JIEBOM KPUTUIECKON TOYKOM.

HauOosnbiiasgs MOIHOCTH KpUTepusi (BEPOSTHOCTh TIOMAJlaHUs KpPUTEpPHUS B
KPUTUYECKYI0 00JacTb MpH  CHPaBEUVIMBOCTH  KOHKYPHUPYIOUIEH TUIOTE3bI)
JNOCTUIaeTCsA TOrAA, KOrJa BEPOATHOCTh INONALAHUs KPUTEpUs B KaXKIBIM U3 IBYX
MHTEPBAJIOB KPUTUYECKOW 00J1aCTH paBHA a/2:

P(Z<-zy)=a/2, P(Z>zy,)=a/2.
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Jnsg Toro, 4roObl HAWTH NPABYIO TPAHUILY Z,JBYCTOPOHHEH KPHUTHYECKOH
00JacTH, J0CTaTOYHO HAWTH 3HAUYeHUE apryMeHta (QyHkuuu Jlammaca, koTopomy
COOTBETCTBYET 3HaUeHUEe (DYHKIMU, paBHOE (1 — a)/2:

?(zq) = (1—a)/2.

O0603HaYNM 3HaYEHUE KPUTEPUSI, BEIYUCIEHHOE 0 JaHHBIM HAOIIOJICHUH, Yepes
ZHaGn'

Ecn |Z,56, < 2z — HET OCHOBaHMIA OTBEPIHYTH HYJIEBYIO THUIIOTE3Y.

Ecn |Z,06,] > 2, — HyJIE€Bas TUIOTE3a OTBEPracTCs.

Bropont cnywan. HyneBas runoreza Hy:M(X) = M(Y). KoHkypupyromas
runore3a H;:-M(X) > M(Y).

B stom ciiydae cTpouTCsi MPaBOCTOPOHHSST KPUTHUECKass OOJIACTh, UCXOMAS U3
TpeOOBaHMs, YTOOBI BEPOSTHOCTh MOMAJAHUS KpUTepus Z B 3Ty 00JacTb B
IPEIOJIOKEHNN CHPABEIJIMBOCTA HYJIEBOM TUIIOTE3bl OblIa paBHA NPUHATOMY
YPOBHIO 3HAYUMOCTHU:

P(Z > ZKp) = a.
Jns Toro, 4TOoOBI HAWTH I'PAHUILY Z,, IPABOCTOPOHHEH KPUTHYECKOW 00IacTH,
JOCTaTOYHO HAWTH 3HaueHUWe apryMeHta @yHkuuu Jlammaca, KoTopomy
COOTBETCTBYET 3HauUeHUE PyHKIINH, paBHOE (1 — 2a)/2:
®(z) = (1 —2a)/2.

O0603HaYMM 3HaYEHUE KPUTEPUS, BBIUUCIEHHOE 10 IAaHHBIM HAOJII0ICHHI, uepes
Z sa6n-

Ecnu Z,56, < 2z — HET OCHOBaHUM OTBEPTHYTH HYJIEBYIO TUIIOTESY.

Ecnut Z,56, > 2, — HyJ€Bas TUIIOTE3A OTBEPTACTCS.

Bonpocwt u 3a0anus.
1. Craructuueckas TUIIOTE3A.
2. MONIIHOCTb KpUTEPHS.
3. Kputnueckas o01acTh.

3aganue 1. TexHuueckas HopMa mpemycMmarpuBaeT B cpeaHem 40 cek. Ha
BBINIOJITHEHUE ONPEACICHHOM TEXHOJOTMYECKOW OIepalMd Ha KOHBEWEpE II0
MpoU3BOACTBY YacoB. OT paboTHUI, padoTaloUMX HA 3TOM ONepaluu, MOCTYIHIN
&KanoObl, YTO OHU B JEUCTBUTEIILHOCTH 3aTpauyMBaIOT Ha ATy OMNEpALMIO OOJbIIe
BpeMeHH. [l mpoBepku ITaHHOW >KalnoObl  MPOU3BEACHBI  XPOHOMETPHUYECKHE
M3MEpPEHUS] BPEMEHH BBINIOJIHEHHUS 3TOM TEXHOJOTHYecKoi onepauuu y 36 paboTHMIL,
3aHATBIX HA 3TOM ONEpaliu, U MOJIYyYEHO CPEIHEE BPEMsI BBIIIOJIHEHHS oniepaunn 42
cek. MoxHO nu (mpeanosiarasi BpeMsl BBIIIOJHEHUS TEXHOJIOTMYECKOW oOINepanuu
CIIy4ailHOM BEJIMYMHOM, MOJUYMHSIOIIECHCS HOPMAJIbHOMY 3aKOHY) IO HMMEKOUIUMCS
XPOHOMETPUUYECKUM JTaHHBIM Ha ypoBHE 3HAUMMOCTH o = 0,01 OTKJIIOHUTH TUIIOTE3Y
O TOM, YTO CpeAHEe BpeMsl BBINIOJHEHUS 3TOM OMEPALMH COOTBETCTBYET HOPME,
€CIM  M3BECTHO, UTO CpellHee KBAJAPAaTUYECKOE OTKJIOHEHHE T'e€HEepalbHOU
COBOKYIHOCTH G COCTaBJISIET 3,5 ceK.?
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3ananue 2. DKOHOMHYECKHI aHau3 MPOU3BOAUTEIBHOCTH TPYAa MPEANPUATAN
OTPAaCiIM IMO3BOJWI BBIABUHYTH T'MIIOTE€3y O HAJIMYMU JBYX THUIIOB IIPEANPUATHNA C
pa3IM4YHON CpPEIHEW BEIMYMHOM II0KA3aTeJsl IPOU3BOAMUTEIBHOCTH TpPYyZa.
Brei6opouHoe oOcrnenoBanue 42-x NpeANnpuUsATUIl NEPBOM IPyMIbl A0 CIEIYIOIINE
pEe3ynbTaThl: CPEIHSs NPOU3BOAUTEIBHOCTh Tpylda cocraBwia 119 nmeranei. Ilo
JaHHBIM BBIOOPOYHOrO 00CeN0BaHUSA 35-U NPEANPUATUNA BTOPOU TIPYMIIBI CPEIHSS
IPOU3BOJUTEIBHOCTE Tpyna cocraBwia 107 peraneid. I'eHepanbHbIE AUCIEPCHA
m3BecTHRl: D(X) = 126,91 ; D(Y) = 136,1. Cuutas, 4T0 BHIOOPKH H3BJICUCHBI U3
HOPMAJbHO pPACHPEACIICHHBIX TI'€HEPAJIbHBIX COBOKyHnHOCTEM X M Y, Ha YpPOBHE
3Hauumoctu 0,05 mpoBeppTe, CIy4alHO JM MOJYYEHHOE pa3JIMdhe  CPEIHUX
MoKa3aTesied MPOU3BOJUTEIBHOCTH TpyJa B Ipynmnax WIM € HMEKTCS JBa THIIA
MPEANPUATHAN C PA3JINYHON CPEAHEN BEIMUNHON MTPOU3BOIUTEIBHOCTH TPYAA.

[lapTus w3aenuii NTPUHUMAETCS B TOM CiIy4dae, €CIM BEPOSATHOCTH TOTO, YTO
U3JIENIME OKAXETCS COOTBETCTBYIOIIMM CTaHAApPTY, cocTabisieT He meHee 0,97. Cpenn
ciaydyaitHo oroOpanHbix 200 w3aenuid mpoBepsieMOoM mMmapTuu okKazaioch 193
COOTBETCTBYIOIINX CTaHAAPTY. M0XHO JI1 Ha ypoBHE 3HaUnMocTu o = 0,02 npuHATH
MapTUIO?

PexoMeH1yeMble HCTOYHUKH HH()OPMAITUH
(Ne ucrouHmMKa)
OcHoBHasl JlononHUTEeIbHAS Metoanueckast WuTepHeT-pecypcsl

1 1 1,2 1,2

3.CIIUCOK JIMTEPATYPHBI
3.1 OcHoBHas IUTEpaTypa:

1. lumnaues, B. C. Beicuias marematuka : yuyeOHUK it Oakamaspos / B.C.
[Munaues ; mox pen. A.H. Tuxonora. — 4-e uzn., ucnp. U nomn. — M. : FOpaiir,
2014. — 607 c. — (bakamaBp. bazoBsrit kypc). — Ha yueonuke rpud: Pex. YMO.
— ISBN 978-5-9916-3325-3

3.2. lonoJiHUTEIbHASA JIUTEpPaTypa:
1. boromonos, H. B. Matemaruka : yueOnuk juis 6akanaspos / H.B.
Bboromonos, I1.1. Camoitnenko ; Mock. ['oc. Yu-T Tex. U ynp. Im. K.T'.
PazymoBckoro. — 5-e uzj., nepepad. 1 nom. — M. : FOpaiit, 2014. — 396 c. : ui.
— (bakanaBp. ba3zoBsiii kypc). — Ha yue6nuke rpud: Hon.MO. — ISBN 978-5-
9916-3467-0

3.3. MeToanueckas aureparypa
1. Meroanueckue yka3zaHUs MO BBIIOJHEHHUIO MPAKTUYECKUX PAOOT MO JUCIHUILINHE
Matematuka» 11t 0akagaBpOB HaIllPaBJICHUS MOATOTOBKH 19.03.04 «TexHosorus
MNPOAYKIMH U OpTaHU3aIisl OOIIECTBEHHOTO TUTAHUSD.
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2. Meroauveckue ykazaHwsl IJis OOYyYaronIuXcCsl MO OpPTraHU3AlNN W TPOBEIACHUIO
CaMOCTOSITeJIbHOM pabOThl MO JUCHUIUIMHE «MaremaTuka» g OaKalaBpOB
HaIMpaBJCHUS MOJTOTOBKHU 19.03.04 «TexHonorusi MpOAYKIIMKA U OpTaHU3AIUs
OOIIIECTBEHHOI'O MUTAHUS.

3.4. HWHTepHeT-pecypchl

1. http://www.matburo.ru — Caiit MaremaTtuueckoro bropo
2. http://www.studfiles.ru — Caiit «Bce s YueObi»
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